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Abstract

We study how elections are affected by the prospect of collective policymaking.
We model a majoritarian election for an office in a collective body. The winning
candidate affects equilibrium policymaking directly through their own proposals and
indirectly by affecting what extremist officeholders can pass. These forces generate
distinct electoral advantages, depending on the distributions of proposal rights and voter
preferences. In centrist constituencies, the weak-extremist party has stronger incentives
to moderate and is favored to win. In partisan constituencies, the voter-aligned party
is favored because key voters endogenously discount the opposite party’s convergence.
These advantages do not require voter sophistication or intrinsic partisan attachments.
Extremist proposal rights increase candidate polarization in partisan constituencies but
can decrease it elsewhere. Our results address the coincidence of partisan balancing with
pervasive safe districts, why majority parties maintain procedural advantages despite

electoral costs, and why competition for majority control can increase polarization.
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The president’s party has lost House seats in 20 of the last 22 midterm elections, and
no president since Carter has retained unified control of Congress past their first midterm.
This empirical pattern frustrates presidents: “For some reason, the president—whoever the
president is—the midterms are tough. Why would they be tough? If we're doing great, they
should be easy” (President Trump, 4/8/2025). Such midterm loss is a prominent example of
broader electoral patterns linking elections and collective institutions in legislative, separation-
of-powers, or federal settings (Kedar, 2009). In the US, these include majority-party electoral
disadvantage (Feigenbaum et al., 2017) and safe districts that reliably elect candidates aligned
with their national-level partisan preferences (Krasa and Polborn, 2018).

These patterns challenge existing theories of elections, revealing gaps in our understanding
of the links between collective policymaking and electoral competition. The persistence of
alternating party control in Congress despite the prevalence of safe districts has been called
“the great mystery of American politics” (The Economist, 2023). Parties consistently incur
electoral disadvantages which, according to classic theories, they should avoid by appropriately
adjusting their platforms (Downs, 1957) or procedural rights (Cox and McCubbins, 2005).
Moreover, these patterns span diverse constituencies even though parties can adjust to local
tastes (Ansolabehere et al., 2001).

To address these gaps, we ask a fundamental question: how does the prospect of collective
policymaking affect electoral competition? We focus on fundamental collective institutions—
proposal and veto rights—that structure policymaking in legislative chambers (Baron, 1993)
and separation-of-powers systems (Persson et al., 1997; Cameron, 2008). We analyze how
these institutions shape majoritarian elections, which feature prominently in major democratic
systems (e.g., the US and UK) and classic theories of electoral competition (Downs, 1957).
Our interest in institutional factors reflects that election outcomes depend on more than just

candidate and constituency factors.! By parsing the links between elections and collective

lMost observers would agree that something more than just local personalities and issues were at work in
an election year such as 1994, when the Democrats lost fifty-two seats without defeating a single Republican
incumbent, or 2006, when every seat that changed hands switched from Republican to Democratic control”
(McGhee, 2008, pg. 719).



policymaking, we provide new insights into electoral competition and how it is shaped by
diverse factors such as the officeholder’s institutional rights, party-level legislative organization,
or voters’ sophistication about policymaking.

Our Approach. We analyze a model featuring majoritarian electoral competition and
bargaining during collective policymaking.? In our setting, two policy-motivated parties
each choose their candidate’s ideal point, with the winner determined by majority rule.
The winning candidate bargains over one-dimensional policy with other politicians during
policymaking structured by proposal and veto rights. Parties know the distributions of these
institutional rights and officeholder preferences, but are uncertain about voters’ ideal points.
This framework captures key features of democratic systems, particularly the US, where
parties influence candidate selection (Bawn et al., 2012) and adapt to constituency preferences
(Ansolabehere et al., 2001), while officeholders maintain substantial autonomy once in office
(Mayhew, 1974). It integrates prominent models of electoral competition (Wittman, 1983;
Calvert, 1985) and legislative bargaining (Banks and Duggan, 2000).

We show the distribution of proposal and veto rights affect electoral choices by parties and
voters, shaping electoral outcomes and candidate polarization. We find two distinct electoral
patterns, depending on the voter distribution’s ideological lean: partisan balancing in centrist
constituencies and party strongholds in partisan-leaning constituencies. These findings address
empirical puzzles like majority-party electoral disadvantages and persistent party strongholds
despite strategic candidate adjustments. Extremist proposal rights increase polarization in
partisan-leaning constituencies but can decrease it elsewhere. Through extensions, we show
how candidate polarization can vary with voters’ sophistication about policymaking and
whether electoral outcomes affect proposal rights.

Key Forces. With collective policymaking, officeholders affect policy through two channels:

directly via their own proposal, and indirectly via influencing the veto player’s continuation

2Scholars have previously studied proportional-rule elections with coalition-based policymaking (Austen-
Smith and Banks, 1988; Baron and Diermeier, 2001) and majority- or plurality-rule elections with reduced-form
policymaking (Callander, 2005; Krasa and Polborn, 2018).



value which alters the proposals extremists can pass. This induces preferences over candidates
based on proximity (candidate-voter distance) and extremism (candidate-veto player distance).
The extremism consideration stems from the officeholder’s indirect impact on extremist
proposals. Institutional configurations—how proposal and veto rights are distributed—
determine the relative importance of these channels, creating context-specific electoral
incentives and patterns.

These policymaking effects shape parties’ candidate choices. In the election, each party
balances a classic tradeoff: increasing their candidate’s probability of winning versus enacting
more favorable policies if they win. Policymaking institutions can create asymmetric incentives
for parties to converge for two reasons. First, if a party’s aligned extremists have substantial
proposal rights, that party is less inclined to converge since moderating would constrain both
their candidate’s proposals and those of their extremist allies. Second, voters may reward
convergence differently from opposite sides of the political spectrum. Voters’ preferences
satisfy a single-crossing condition, resulting in a unique indifferent voter who is relatively
centrist and has a preference for moderation that grows with extremist proposal rights.

Key Findings. Equilibrium electoral competition is shaped by the distributions of proposal
rights and voter ideology. We characterize equilibrium candidates, win probabilities, and
policy outcomes. In extensions, we show these quantities vary with voters’ sophistication
about policymaking and the election’s impact on institutional rights.

Our analysis reveals two distinct electoral advantages depending on constituency charac-
teristics. In centrist constituencies, partisan balancing favors parties with weaker proposal
rights. This party-driven advantage stems from asymmetric proposal rights creating different
convergence incentives. The party with stronger proposal rights has weaker incentives to
moderate since convergence would moderate their candidate’s proposals and constrain those
of their powerful extremist officeholders. Meanwhile, the weak-extremist party benefits from
moderation through higher electoral chances and more constrained opposing extremists. This

partisan balancing occurs even with proximity-focused voters, consistent with the empirical



prevalence of midterm loss (Erikson, 1988; Alesina and Rosenthal, 1995) and majority-party
disadvantage (Feigenbaum et al., 2017).

In partisan-leaning constituencies, the constituency-aligned party is favored. These party
strongholds are constituency-based but do not require intrinsic voter attachments to one
party. Instead, they are driven by policymaking institutions and voters’ awareness of them.
Swing voters rationally discount further convergence by the non-aligned party because it
would increase overall policy extremism, which they dislike. Thus, we highlight a voter-
driven mechanism for party strongholds, but they occur even though parties can adjust.
Voters do not have to be fully sophisticated about policymaking, as their awareness about
extremist proposal rights affects the strength of the stronghold rather than its occurrence.
This mechanism provides a new rationale for pervasive single-party dominance in many
districts without requiring partisan attachment, addressing why misaligned parties struggle
to compete even by nominating candidates who are quite skewed towards constituents.

We also analyze candidate polarization. Extremist proposal rights increase candidate
polarization in partisan-leaning districts but can decrease it in centrist districts. In contrast,
voters’ sophistication about collective policymaking always decreases candidate polarization
in our baseline setting.

We additionally study parties’ incentives for legislative organization, considering both
policymaking and electoral consequences. We address why majority status acts as a “double-
edged sword” in electoral competition (Carson et al., 2010). While theories suggest parties
organize for electoral advantage (Cox and McCubbins, 2005), evidence shows majority parties
suffer electoral disadvantages (Feigenbaum et al., 2017). We show parties have strong incen-
tives to consolidate proposal rights despite electoral costs because policy influence provides
greater benefits.® Parties with strong institutional powers—Ilike committee chairmanships or

procedural rules—tolerate fundamental electoral disadvantages in competitive districts.

3As Lee (2015) emphasizes, although parties have become institutionally stronger and more ideologically
coherent, constitutional constraints continue to bind—making control over legislative procedure especially
valuable for achieving policy goals.



In extensions, we study different veto arrangements and election-dependent proposal
rights. They reveal distinct electoral advantages and other sources of candidate polarization.
When electing a veto player or with supermajoritarian policymaking, the party with stronger
proposal rights is favored to win under some conditions, as officeholder shifts have opposite
effects on extremist proposals. When elections affect the balance of power among party
extremists in office—e.g., if they affect majority control of the legislature—we show increasing
the extent of these spillovers has three competing effects on candidate polarization: (i) higher
electoral stakes that encourage convergence, while (ii) voters become less responsive to the
candidates’ positions due to concerns about which party’s extremists to empower and (iii)
parties have weaker moderation incentives because their aligned extremists are stronger
if they win. Consequently, stronger majority competition can either increase or decrease
convergence in centrist constituencies, depending on which effects dominate. This extension
sheds new light on why candidate divergence in competitive districts has increased in an era
of intense competition for majority control (Lee, 2016; Merrill et al., 2024).

Key implications. Our findings address various electoral patterns: the coincidence of
party strongholds in some constituencies (Krasa and Polborn, 2018) with the systematic
electoral disadvantage facing majority parties (Feigenbaum et al., 2017), along with the
puzzling persistence of polarization in competitive districts despite heightened competition
for majority control (Lee, 2016). We show partisan balancing can be party-driven, accounting
for its prevalence across contexts (Alesina and Rosenthal, 1989, 1996; Kedar, 2005, 2009).
Yet, we also shed light on how those same institutional forces can shape variation in voter
behavior (Tomz and Van Houweling, 2008) and why voters may weigh ideological distance
(Duch et al., 2010) or moderation (Canes-Wrone and Kistner, 2022) differently across contexts.
Finally, we provide a strategic competition-based logic for observed relationships between

institutional conditions and candidate polarization (Fowler, 2024).



Contributions to Related Literature

We analyze how institutional rights in collective policymaking affect majoritarian electoral
competition, voter behavior, and policy outcomes.* Previous work analyzed aspects of these
relationships: electoral competition with reduced-form policymaking (Grofman, 1985; Krasa
and Polborn, 2018; Desai and Tyson, 2025), candidate-entry into policymaking with voting
on exogenous proposals (Patty and Penn, 2019), or majoritarian delegation into bargaining
(Klumpp, 2010; Kang, 2017). By explicitly modeling both majoritarian electoral competition
and legislative bargaining, we address several empirical puzzles.

We connect canonical electoral competition models (Wittman, 1983; Calvert, 1985) to
collective policymaking institutions. This helps us parse how policymaking institutions
generate electoral patterns. We highlight the institutional sources of systematic advantages
in electoral competition, complementing other sources highlighted in existing work, such as
risk aversion (Farber, 1980), policy implementation costs (Xefteris and Zudenkova, 2018),
and national-party platforms (Krasa and Polborn, 2018). We show local and national
considerations can arise endogenously from collective policymaking rather than exogenous
factors (Eyster and Kittsteiner, 2007). By parsing how policymaking institutions affect voter
preferences and party strategies, we complement models in which voters place exogenous
weight on the impact of local candidates on national outcomes (Krasa and Polborn, 2018;
Zhou, 2025).

Unlike Krasa and Polborn (2018), who study simultaneous elections without explicit
collective policymaking, we isolate how policymaking institutions can shape a single election
into a collective body.” We explain party strongholds and partisan balancing through

policymaking considerations, why they occur different constituencies, and show why majority

4Numerous models analyze proportional representation elections into legislative bargaining (Austen-Smith
and Banks, 1988; Baron and Diermeier, 2001; Cho, 2014).

5Other models of legislative elections across multiple districts with preference-aggregated policy include
(Hinich and Ordeshook, 1974; Austen-Smith, 1984, 1986; Morelli, 2004). Elsewhere, elections are based on
national party platforms via either collective choice among legislative incumbents (Snyder, 1994; Ansolabehere
et al., 2012) or centralized party leadership (Callander, 2005).



parties concentrate proposal rights despite electoral costs. Our key forces have implications
for simultaneous elections but directly apply to elections where other key officeholders are
already in place or overwhelmingly favored.%

We contribute to the legislative bargaining literature by endogenizing a participant through
electoral competition. Scholars have analyzed how institutional rights shape policy outcomes
with fixed participants (Baron, 1989; Banks and Duggan, 2000; McCarty, 2000; Kalandrakis,
2006), informing delegation and selection into collective bodies (Harstad, 2010; Gailmard and
Hammond, 2011; Kang, 2017).7 We also allow delay costs during bargaining, unlike prior
work endogenizing participants that precludes delay (Klumpp, 2010) or assumes costless delay
(Beath et al., 2016). These costs interact with politicians’ preferences and institutional rights
to shape the election winner’s impact on policymaking, endogenously inducing players to
evaluate candidates on both ideological proximity and extremism. These two considerations
can favor different parties depending on institutional conditions and constituency preferences,
affecting who is chosen to participate in bargaining.

We address prominent electoral patterns through institutional mechanisms. We provide
a unified rationale for partisan balancing and party strongholds. For partisan balancing—
observed in midterm losses (Erikson, 1988) and majority-party disadvantages (Feigenbaum et
al., 2017)—we find a novel party-driven mechanism where asymmetric institutional rights
create systematic differences in electoral incentives.® Unlike voter-driven theories (Alesina
and Rosenthal, 1989, 1996; Kedar, 2009), our theory explains partisan balancing even when
voters elect candidates based only on ideological proximity and parties can strategically adjust

candidate positions.? For party strongholds, our voter-driven logic based on awareness of

61n the US, only one-third of senators are up for reelection at a time, and the president is also fixed during
midterms. And in the 1960s and 1970s, Democrats had safe majorities in Congress.

"This is a classic consideration: “representatives are influenced in their conduct by many forces or pressures
or linkages other than those arising out of the electoral connection” (Eulau and Karps, 1977, pg. 235).

80ur logic has a distant connection to Crain and Tollison (1976)’s argument that legislators from the
governor’s opposition party will work harder to win seats in the next election.

9 Alternative explanations of midterm losses include coattail effects (Hinckley, 1967; Campbell, 1985),
turnout changes (Campbell, 1987), referendum voting on the executive (Tufte, 1975), and loss aversion (Patty,
2006). See Folke and Snyder (2012) for an in-depth discussion of these explanations and empirical evidence.



extremist proposal rights differs from existing theories emphasizing voters’ preferences over
national-party platforms (Krasa and Polborn, 2018). We also address district-level variation
in electoral safety (Fowler, 2024) and the returns to candidate moderation (Canes-Wrone and
Kistner, 2022) connected to institutional features.

We shed light on empirical patterns in voter behavior by showing how policymaking
institutions impact strategic behaviors of voters and parties, shaping electoral outcomes.!?
These institutions influence voters’ preferences over candidates (Kedar, 2005; Duch et al.,
2010), creating voting patterns often treated as separate phenomena requiring distinct
assumptions (Tomz and Van Houweling, 2008). We explain phenomena like vote discounting
(Adams et al., 2005) and varying responsiveness to positioning (Montagnes and Rogowski,
2015) through voters’ expectations about policymaking. Our specific mechanisms—e.g.,
extremist proposal rights affect voters’ taste for moderation—also microfound observed voter
heuristics (Fortunato et al., 2021).

Finally, we address legislative organization. While previous models study how parties
allocate rights to shape policymaking (Diermeier and Vlaicu, 2011; Diermeier et al., 2015,
2016), we show how these organizational choices affect electoral outcomes. Parties may
rationally concentrate proposal rights among extremists despite electoral costs because policy
benefits dominate. This addresses contradictions between theories of legislative organization

with electoral considerations (Cox and McCubbins, 2005) and evidence of pervasive majority-

party electoral disadvantages (Feigenbaum et al., 2017).

Model

Our model integrates electoral competition with legislative bargaining to study how collective
policymaking institutions affect electoral outcomes. Two parties compete by selecting

candidates, with the winner participating in sequential bargaining with legislative extremists

10As Kedar (2009) notes: “electoral processes take (at least) two to tango — voters and parties” (pg. 192).



over policy. A key insight is that candidates influence policymaking through two channels:
direct effects via their own proposals and indirect effects by altering the constraint on
extremist proposals. We analyze how these effects vary with policymaking institutions and

shape electoral competition.

Players. The key players are two electoral parties, L and R; a voter, v; and a continuum
of potential candidates. Three additional players participate exclusively during policymaking:

a veto player M, and two legislative extremists, £ and R.

Timing. The game has two phases: (i) electoral competition and (ii) policymaking via
legislative bargaining.

Electoral phase. Parties L and R simultaneously nominate their candidates ¢ and r. Voter
v observes the two candidates and elects one.

Policymaking phase. The policymaking stage is sequential bargaining with random
recognition among four players: elected candidate e € {¢, r} and players M, £, and R. At time
t =1,2,..., a proposer is selected according to recognition distribution p = (pe, par, P, PR),
where p; € [0, 1] denotes player i’s recognition probability and > p; = 1, and proposes policy
2y € [-X, X]. Veto player M either accepts (ending bargaining), or rejects, continuing active

bargaining into time ¢ + 1.1

Preferences. Players have spatial policy preferences represented by absolute loss utility.
When policy = € R is enacted, player ¢ with ideal point ¢ receives per-period utility u;(z) =
~|i — z|. We normalize M = 0 and set L = —X and R = X to represent extremists in
government. Similarly, we focus on extreme electoral parties, with L = - X and R = X.
Cumulative payoffs sum per-period utilities discounted by a common factor 6 € (0, 1)

and are normalized by factor 1 —¢ for convenience. All players receive common benefit of

HOur bargaining subgame is a special case of Banks and Duggan (2000) and Cardona and Ponsati (2011).
As usual, it is equivalent to an unknown finite horizon with constant termination probability.



agreement ¢ > 2X, with disagreement utility normalized to zero.'? Specifically, if policy z
passes at time ¢ in the policymaking stage, the cumulative payoff to player i € {e, M, L, R}

is 60 (e i z]).

Information. All features of the game are common knowledge except the voter’s ideal
point, v, which is not observed by either party. Instead, parties L and R share a common
prior belief that v is distributed according to cumulative distribution function F' with density

f, which is log-concave, differentiable, and has full support.

Equilibrium concept. We study strategy profiles that are (i) pure strategy Nash equilibria
in the election phase and (ii) stationary subgame perfect equilibria in the policymaking phase

for any elected candidate e € R.

Parameter restrictions. We maintain two assumptions throughout the main analysis: (i)

players are not too impatient and (ii) extremist proposal rights are not too high.

Ass tion 1 (Patient pl .S § € (0,1), where § = X __ <(0,1).
umption 1 (Patient players). Suppose (0,1), where P P (0,1)

Assumption 1 ensures both legislative extremists (£ and R) are always outside the equi-
librium acceptance set during policymaking. It is not essential, but streamlines presentation

and analysis of key indirect effects that the officeholder has on equilibrium policymaking.
Assumption 2 (Extremists Not Too Strong). Suppose pg + pg < %

Assumption 2 implies that if parties could unilaterally appoint a representative, they would
choose one who shares their ideal policy. It ensures that players’ proximity concerns dominate
extremism effects in their preferences over candidates. Thus, our setting features institutional

effects on those preferences but preserves the standard ally principle. Consequently, any

12This setting corresponds to a bad status quo setting (Banks and Duggan, 2000, 2006). We model delay
costs through discounting rather than explicit status quo policies to isolate effects of institutional rights, as
many domains lack clear status quo policies (Diermeier and Vlaicu, 2011).

13These assumptions on F are satisfied by many commonly used probability distributions, including the
Normal distribution.

10



candidate convergence in equilibrium will follow from electoral considerations. Beyond
its theoretical appeal, Assumption 2 also substantively reflects settings where extremist
legislators hold substantial but not overwhelming procedural power—consistent with observed
committee structures and leadership positions in most democratic legislatures where some

moderates retain meaningful rights.
Assumption 2a (Strong Veto Player). Suppose pe + pp + pg < 2—15

Assumption 2a strengthens Assumption 2 to guarantee the indifferent voter location is
always inside the equilibrium acceptance set of the veto player, given any elected candidate.
This assumption is not crucial and we relax it in Appendix E, but we maintain it here to

streamline presentation.

Model Discussion. We integrate electoral competition and legislative bargaining, with
parties selecting candidates who bargain strategically rather than committing to platforms.14
Our model features proposal and veto rights through a minimal legislative process (Baron,
1994).15 We focus on stationary, sequentially rational strategies to isolate institutional effects
(Baron and Kalai, 1993).

Parties are uncertain about voter ideal points, following classic models (Wittman, 1983;
Calvert, 1985; Roemer, 1994).16 The assumption of a log-concave voter distribution is quite
general, as the asymptotic distribution of sample medians follows a Normal (thus log-concave)
distribution under mild conditions (David and Nagaraja, 2004). This generality highlights
institutional aspects without specific distributional parameters.

Our baseline has three features that we modify in extensions: (i) sophisticated policy-

17

motivated voters (later allowing partial voter misperceptions or proximity voters);' ' a single

148ee Baron and Diermeier (2001) for the merits of this feature.

5For discussions of our bargaining environment, see Baron and Ferejohn (1989); Baron (1991); McCarty
(2000); Kalandrakis (2006), and Eraslan and Evdokimov (2019).

16See Ashworth and Bueno de Mesquita (2009) and Duggan (2014) for thorough discussions of various
forms of uncertainty about voter preferences and the relative appeal of uncertainty over ideal points.

17Varying voter sophistication is rare, as typically voters are fixed as sophisticated or naive. Merrill III
and Adams (2007) is an exception, analyzing how platform divergence depends on voters anticipation of
(reduced-form) power sharing.

11



fixed veto player capturing both endowed power and—due to Assumption 2—majoritarian
voting (later allowing winners as veto players or bodies with two pivots);18 and election-
independent proposal rights (later allowing party-dependent rights).

Parties select candidates without ideological constraints and are purely policy-motivated.
Allowing some win motivation would not substantially enrich our main points.1? Candidate
restrictions would strengthen our main insights.

We study a single election within a fixed body, prioritizing strategic policymaking over
dynamics (Forand, 2014) or simultaneous elections (Callander, 2005; Krasa and Polborn, 2018;
Zhou, 2025). Our setting reflects scenarios such as midterm elections or Senate elections,

where some officeholders are fixed at the time of election.

Analysis

Our main analysis proceeds in four steps. First, we characterize equilibrium policymaking
to show how officeholders influence policy through direct and indirect channels. Second, we
analyze how these two channels shape how players evaluate candidates. Third, we analyze
electoral competition, finding systematic advantages depending on constituency characteristics
and institutional arrangements. Finally, we study parties’ incentives to allocate proposal

rights, explaining why they concentrate power among extremists despite electoral costs.

Equilibrium Policymaking and the Officeholder’s Effects

The policymaking subgame has a unique equilibrium (Cardona and Ponsati, 2011): each
(potential) proposer offers the policy closest to their ideal point that veto player M will accept.
This acceptance set is a symmetric interval around M = 0 and varies with the officeholder’s

ideal point, e, through its impact on M’s continuation value. Specifically, the equilibrium

18Two pivots can summarize bodies that are supermajoritarian or have split veto rights.
19Tt would introduce discontinuities in parties’ payoffs, changing the existence argument (Reny, 2020).
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acceptance set A(e) = [-Z(e), T(e)] has radius:

dpe |e|+(1-6) ¢ ifeclTT
oy =d T el (1)

T else,

(1-9)c
1-0(pE+pe)
Lemma 1 shows that equation (1) characterizes the equilibrium acceptance set and policy

where T = and pp = pg + pg represents total extremist proposal rights.

lottery for any officeholder ideal point e.

Lemma 1 (Cardona and Ponsati (2011)). For each e € R, the equilibrium acceptance set is
A(e) = [-z(e),z(e)] and the unique policy lottery assigns:

a. probability ppr to 0 (the veto player’s ideal point),

b. probability py to —T(e) (the leftmost policy in the acceptance set),

c. probability pg to T(e) (the rightmost policy in the acceptance set), and

d. probability pe to min{T, max{-7, e}} (the elected representative’s proposal).

Lemma 1 reveals the officeholder influences outcomes through two channels: direct (when
recognized as proposer) and indirect (affecting extremist proposals when recognized through

M’s acceptance set). Remark 1 characterizes how the acceptance set varies with e.

Remark 1. The radius of the equilibrium acceptance set, T(e), is continuous in e and:
(i) equal to T for all e ¢ (—Z,7), (ii) strictly decreasing over e € (-,0), and (i) strictly

increasing over e € (0,T).

Remark 1 highlights a key strategic feedback: moderation begets moderation while
extremism enables extremism. Moderate officeholders (closer to M = 0) improve M’s
bargaining position by increasing their continuation value, shrinking the acceptance set and

constraining extremist proposals, while extreme officeholders do the opposite.

13



Preferences over Officeholders

We next analyze how players evaluate candidates. We first establish general features of
preferences over the officeholder’s ideal point, then sharpen parties’ preferences, and finally

characterize the unique indifferent voter location for any candidate pair.

General Characteristics. Player ¢’s continuation value depends on how the officeholder’s
ideology directly affects her own policy proposals and indirectly affects extremist proposals.

From Lemma 1:

Uile) = pe - ui(ze(e)) + pg - wi(-T(e)) + pr - ui(T(e)) + pas - ui(0), (2)

where z.(€e) = min{Z, max{-Z, e} }. The officeholder influences i’s continuation value through
two channels: proximity (distance between e and ) affects utility from the officeholder’s
proposal, while extremism (distance between e and M = 0) affects the acceptance set and
thus utility from extremist proposals.

The effect of the officeholder on player i’s continuation value through the extremism
channel depends on i’s ideal point. A moderate player i € (-z(0), Z(0))—interior to A(e) for
any e—doubly benefits from officeholder moderation (e closer to M = 0), constraining both
legislative extremists. Their taste for moderation is increasing in total extremist proposal
rights (pg + pxr = PE)-

Players ¢ ¢ (-7, ) are always outside the acceptance set and face a tradeoff from increased
extremism: closer proposals by their proximal extremists but further proposals by distal
extremists. Thus, their net extremism preference depends on relative extremist rights (pg
versus pg). It is positive if their aligned extremist has higher proposal rights than their
distal extremist and negative otherwise. The intensity of their preference is scaled by total
extremist rights (pg).

Despite these forces,?) Assumption 2 ensures proximity concerns dominate extremism

20Preferences over extremism for players in the intermediate regions, i € (-%,-%(0)) U (7(0),Z), are more
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concerns, preserving the ally principle where each player’s optimal officeholder shares their
ideal point. Thus, we maintain the standard emphasis on ideological alignment while
highlighting institutional effects.

Lemma 2 formalizes these properties of players’ preferences over officeholders.

Lemma 2. For player i: U; is piecewise linear, constant over e < —x and e > T, and
single-peaked. If i € (-7, T)\{0}, then U; is asymmetric around its unique mazximizer i and
decreases slower towards M = 0 than away from it. If i ¢ (-7, T), then W; is mazimized by

any e on its side of (=T, T) and strictly decreases as e shifts away over (T, T).

Parties. For parties P € {L, R}, who are outside (-7, ), Lemma 2 simplifies preferences.
Their continuation values equal their utilities from the mean of the policy lottery given

officeholder e:

fre = pe - Te(e) + pg - (-T(e)) + pr - (T(e)) + ppr - 0. (3)

This equivalence follows because parties have linear-loss policy utility and the support of
the policy lottery is between their ideal points. By Assumption 2, u, strictly increases over
e € (-7, T) as direct officeholder proposal effects dominate indirect extremist proposal effects.
Thus, Up strictly decreases as e shifts away from P over (-7, 7).

Lemma 3 characterizes parties’ preferences over officeholders.
Lemma 3. For each party P € {L, R}, we have U;(e) = u;(pe). Moreover, pgy > pg implies

oUg(e) ~ JUg(e) - dUr(e) ~ OUg(e)
de  lee(-z,0) de lee(-7,0) S PeS The ec(0T) de lee(0,7) 4)

If pr < pg, these inequalities are reversed. If pp = pg, they are equalities.

complex since e determines whether they are inside or outside A(e). But these players necessarily lie within
the acceptance set when e is sufficiently close to their ideal point, so their continuation value U; exhibits the
same asymmetry favoring centrism around their ideal point as more centrist players.

15



Lemma 3 reveals that: (i) imbalanced extremist rights create stronger incentives to mod-
erate for the weaker party and disincentives for the stronger party, and (ii) this asymmetry’s
impact depends candidates’ locations relative to M = 0. The party on the weaker side has
stronger convergence incentives when candidates are on opposite sides of M, while parties
have identical convergence incentives when candidates are on the same side—since opposing

extremism effects are equivalent due to linearity.

Unique Indifferent Voter. Unlike classic models, voters comparing candidates consider
both direct and indirect policymaking effects. Assumptions 1 and 2 ensure preferences over e
satisfy a single-crossing property. For any candidate pair (¢, 7) there exists a unique ideal
point ¢ . who is indifferent between them, which we call the indifferent voter. If £ < r, then

all players left of ¢y ,. prefer £ and the rest prefer r.

Lemma 4. For candidate pair -7 < { < r < T, the unique indifferent voter is:

Wzlng(E;T5pE<e-|{£>o}+r-|{r<o})), (5)

which satisfies 1y, € (max{¢,~Z(r)}, min{r,z(()}).

Lemma 4 shows how proposal rights affect the indifferent voter location. Without
extremist proposal rights (pp = 0), voters consider only proximity—so the indifferent voter
is midway between the candidates ¢y, = (¢ + r)/2. More generally, ¢y, is strictly between
the candidates, with Assumption 2a ensuring it is centrist, ¢, € A(¢) N A(r). This reveals
key voters’ endogenous taste for moderation. Higher extremist proposal rights (pg) increase
this preference, shifting ¢y . toward more extreme candidates and amplifying moderation’s

electoral rewards.
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Electoral Calculus

Parties weigh expected policy outcomes by win probabilities. Party P’s continuation value is:
Vp(l,r) = Pr(L wins | {,7) - Up(¢) + (1 - Pr(L wins | £, 7)) - Up(r).

From Lemma 3, party P’s continuation values from each candidate in any pair (¢, r) are
Up () = up(pg) and Up(r) = up(pr). Since party L wins if the voter is left of ¢y ., we have
Pr(L wins | ;1) = F(tg,,.).

Lemma 5. A party P’s continuation value from a candidate pair satisfying ¢ < r is:

Vp(l,r) = Fu,y) - up(pg) + (1= Flegr)) - up(pr), (6)

which is continuous and strictly quasiconcave in their own candidate.

Lemma 5 reveals parties face a classic electoral tradeoff: convergence improves their
electoral chances but worsens their policy outcomes if elected. Parties moderate for electoral
gain, since their policy preferences favor extremism. Policymaking institutions shape this
tradeoff through their effects on expected policies (y1p and jip) and the indifferent voter (¢ ,.).

Lemma 5 establishes quasiconcave party payoffs under weaker conditions than classic
models, which require both log-concave voter distributions and concave utility. Although
party preferences over officeholder ideology are merely quasiconcave in our setting, their
preferences over candidate ideology are strictly quasiconcave. This property holds because
when candidates cross M = 0, further convergence increases extremism—which centrist voters
dislike, so the electoral gains slow dramatically. Essentially, links in parties’ preferences
(Up) align with kinks in win probability (F(t,.)), resulting in strict global quasiconcavity of

parties’ objectives (Vp).
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Electoral Competition

Parties’ electoral incentives shape competition. Players’ concerns about candidates’ proximity
and extremism depend on the distribution of proposal rights, which can combine with the
voter distribution to create asymmetric convergence incentives for parties. We characterize
key equilibrium properties, showing how these forces determine candidate locations and

electoral outcomes.
Proposition 1. There is a unique equilibrium satisfying T < * < r* < 7.

Existence follows from the Debreu-Fan-Glicksberg theorem given parties’ strictly qua-
siconcave objectives. Equilibrium is essentially unique?! and features partial convergence:
parties converge but not fully, reflecting standard incentives under median voter uncertainty
(Duggan, 2014). The standard ordering implies party L’s win probability is F'(¢/ ).

We focus on interior, differentiable equilibria where -7 < £* < r* <7 and £* # 0 # r*,

which are characterized by parties’ first-order conditions:

LoVL(Lr)  OF(u,) Ou, Oy
0= 0 = Dig By (pr — p1g) a0 F(Lgﬂd), and (7)
~ OVR(W,r)  OF(uy) Oy Oy
O e T oy, o g (er) ) ®)

These conditions balance electoral gains against policy costs. The first term represents
convergence’s electoral benefits: higher win probability, weighted by the difference in expected
policy payoffs between when winning and losing. The second term represents policy costs if
elected: a less favorable expected policy, weighted by their win probability.

Parties’ candidate choices reflect: (1) policymaking effects (% and %), how candidates

. D 0 0 .
influence policies if elected; and (2) electoral effects (% and %), how candidates affect

win probabilities. Each contains symmetric proximity components and potentially asym-

2L Any interior equilibrium ~Z < £* < r* < 7 must be unique. Multiplicity arises if one (or both) parties
nominate an extremist, £* < —T or r* > -7, since Up is constant over e < —Z and e > T (by Lemma 2).
Regardless, the equilibrium distribution over policy outcomes is unique.
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metric extremism components. Asymmetric extremist proposal rights create asymmetric
party moderation incentives, and the indifferent voter location responds asymmetrically to
candidates if the parties’ convergence affects extremism differently. These asymmetries are
magnified by total extremist proposal rights. Thus, convergence incentives depend on pg, pr

vs. pg, and candidate locations relative to M = 0.

Calvert-Wittman Benchmark. We first characterize a benchmark with p = 1 and
pg = 0, analogous to Calvert-Wittman with linear loss utilities (Wittman, 1983; Calvert,
1985). Here, players evaluate candidates solely on proximity. Parties’ convergence has
symmetric effects on both policy outcomes and the indifferent voter location. Symmetric
convergence incentives produce three key properties summarized in Remark 2: equal win
probabilities, candidates located equidistant from median m of the voter distribution F, and

divergence depending solely on f(m), the density at m.

Remark 2. If p. = 1, then in equilibrium.:

a. party L’s win probability is Poyw = %,

b. the indifferent voter is Loy = m = Fﬁl(%),
1

c. candidate divergence is row —Low = Fim)’ and

d. the candidates are Loy = m 27 (m) and rogw = m + 2f(m)"

General Analysis. With extremist proposal rights (pgp > 0), players consider both
proximity and impact on extremist proposals, creating potentially asymmetric convergence
incentives and partisan electoral advantages.

Combining first-order conditions yields the equilibrium indifferent voter:

Opr. Oy

Opr Otg | Oy iy
9r or U ol or

This location shifts toward a party’s ideal point—reducing their win probability—when

their candidate has stronger policymaking effects or weaker electoral effects, or when their
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opponent’s candidate has weaker policymaking effects or stronger electoral effects. The
magnitude of such shifts depends on the voter distribution F.
Combining (9) with Lemma 4 characterizes equilibrium candidates. Their positions

relative to M = 0 distinguish two cases.

Definition 1. The equilibrium features (i) no crossover if =7 < £* <0 < r* < 7, and (ii)

crossover if T </l*<r*<0Qor(Q</0*<r*<z.

These cases differ in the effects of further convergence on extremist proposals. With
no-crossover, convergence by either party constrains extremists more. With crossover,
convergence by one party constrains extremists more while convergence by the other party
constrains extremists less.

Whether crossover occurs in equilibrium depends on the distributions of voter ideology
and proposal rights. Primarily, crossover requires F' to be sufficiently skewed that both parties
converge onto the same side of M = 0. Yet, higher pp discourages crossover by increasing
centrist voters’ preference for moderation.

Both cases feature systematic electoral advantages, but through distinct mechanisms.
No-crossover produces partisan balancing: the weak-extremist party has stronger convergence
incentives and is more likely to win. Crossover produces party strongholds: the constituency-
aligned party gains electoral advantage because the indifferent location is more responsive to

its positioning.

No-Crossover. In competitive constituencies where candidates position on opposite sides
of M =0, institutional asymmetries create a systematic electoral advantage. The party with
weaker extremists has stronger incentives to moderate, so they converge further towards

voters and are favored to win.

Proposition 2. If there is no crossover in equilibrium, then:

‘ , . e, x _ 1-2d0pg
a. party L’s win probability is P* = 2T opy)’
b. the indifferent voter is LZT = dpe = 1 <_2}f§5§7))’
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(1-25p¢) (1 26p5)

c. candidate divergence is r* —0* = 20(pg — pR)Ine + f(% ] 605 , and
d. the candidates are (* = (1 — 25p5)<:i’nc - 2f(15: )%(;p—ER) and r* = (1 —26pg) (aﬁnc +

1 1725/)4)
2f(j7nc) 1*5pE ’

The advantage stems from parties’ asymmetric policy incentives. Although swing voters
reward convergence equally, parties weigh consequences differently. The weak-extremist
party benefits from further convergence through better electoral chances and constrained
extremism, while the strong-extremist party faces a tradeoff since convergence constrains its
powerful allies. Thus, the weak-extremist party is more willing to converge. This provides a
party-driven rationale why minority parties outperform in elections when the opposing party
controls institutional levers. In centrist, competitive constituencies, the party controlling fewer
proposal rights in the legislative body should win more often—particularly when extremist
proposal rights are highly unequal. For instance, when Republicans will likely control
committee chairmanships and procedural rules, Democrats’ weaker institutional position
creates stronger incentives to moderate, potentially improving their electoral prospects in
competitive districts despite their procedural disadvantage.

The voter and proposal rights distributions affect candidates’ locations. If i, < 0, then
party L’s candidate is closer to the indifferent voter but farther from M = 0. If &, > 0, the
reverse is true. Candidates reflect parties leveraging their comparative advantage in appealing
to the indifferent voter: proximity for the party on their side, moderation for the other party.

Notably, electoral advantage differs from ideological proximity to voters. The weak-
extremist party’s candidate may win more often despite also being more likely to be further
from the realized voter v. If the constituency slightly favors the strong-extremist party,
that party may position closer to m, but a voter located at m prefers the more moderate
but less proximate weak-extremist party candidate, due to their taste for moderation. This
demonstrates how collective policymaking considerations can complicate the relationship
between ideological positioning and electoral success.

Balanced extremist proposal rights (p; = pg) simplify electoral forces.
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Corollary 2.1. If there is no crossover in equilibrium and py = pg, then:
a. party L’s win probability is P* = %,

b. the indifferent voter is Lpgp = m = Fﬁl(%),

c. candidate divergence is rgg —{pg = (1-0pg) - (rew —Low), and

d. candidates are (g = (1-90pg) - Low and rgg = (1-90pg) - row -

Equal extremist power creates symmetric convergence incentives. Each party’s gain from
constraining opponents’ extremists exactly offsets losses from constraining allied extremists
(%’% = %’%), and both gain identical electoral rewards for convergence (%% = %%) This
scenario might emerge during divided government with evenly distributed committee chairs
and procedural tools. We find widespread candidate convergence under such conditions,
especially when extremists hold substantial proposal rights.

Relative to the Calvert-Wittman benchmark, voter preferences are more sensitive to
candidate positioning. Convergence moves candidates’ proposals closer to voters while also
(favorably) constraining extremists. This dual effect heightens the indifferent voter’s sensitivity
to positioning. Total extremist proposal rights (pg) fuel convergence, reducing divergence by
a factor of 1 —dppg relative to the benchmark.

When m # 0, parties balance proximity and extremism differently. The constituency-
aligned party positions their candidate closer to m but farther from the veto player. The
other party chooses a more moderate candidate further from m. This asymmetric positioning

reflects optimal tradeoffs: advantaged parties afford more extremism through better proximity,

while disadvantaged parties offer more moderation to compensate for worse proximity.

Crossover. In constituencies with clear partisan leanings, both candidates may position
on the same side of M, creating a different dynamic. Here, voters are more responsive to
convergence by the constituency-aligned party because it reduces extremism, resulting in this

party being favored to win.

Proposition 3. If there is crossover in equilibrium such that -T < £* < r* <0 < T, then:
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. , . e * 1
a. party L’s win probability is P* = 51 opg)’

- I | 1
b. the indifferent voter is i = Ij . = F (—2(175%)),
c. candidate divergence is r* —0* = f(ilfzc)’

. « .1 12pp . _ x 11
d. candidates are (* = 7; . 5] T ovn and r* = Iy . + (i) T os"

This imbalance stems from asymmetric electoral incentives despite symmetric policy
incentives. Convergence by the constituency-aligned party reduces expected extremism,
since their candidate shifts towards M. The other party’s convergence increases expected
extremism since their candidate shifts away from M. The indifferent voter is thus more
sensitive to convergence by the constituency-aligned party.

These strategic forces reveal a new logic for why misaligned parties in strongly partisan
districts—Republicans in urban centers or Democrats in rural areas—consistently struggle to
win even when they nominate viable candidates. Even when both parties select left-of-center
candidates, Republican convergence is less attractive to decisive voters because it increases
policy extremism.

In partisan constituencies, locally-aligned parties are favored to win, and increasingly so
as extremist proposal rights increase. This suggests party strongholds might be especially
pervasive during periods of high legislative polarization. These districts also feature alignment
between candidates and constituencies: the winning candidate is typically closer to the
realized voter v. The favored candidate must be closer to the indifferent voter since they are
more extreme, and the realized voter v is more likely to be on their side since they are more
likely to win.

Combining our findings from the no-crossover and crossover cases yields an empirical
prediction: changes in extremist proposal rights may have different effects on candidate
polarization depending on constituency characteristics. Specifically, under mild conditions,
stronger extremist proposal rights always increase candidate polarization in partisan-leaning

constituencies (where crossover is more likely),22 but may actually decrease polarization in

22\ sufficient condition is that the voter distribution is symmetric about its median m.
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centrist, competitive constituencies (where crossover is unlikely). This prediction offers a
potential explanation for varied effects of institutional changes on polarization across different

types of districts.

Party Preferences over Proposal Rights

Having characterized electoral equilibria, we study a key institutional design question: why do
parties allocate proposal rights as they do? Understanding parties’ organizational incentives
sheds light on the puzzle of why majority parties maintain procedural advantages despite
suffering electoral disadvantages.

We analyze parties’ preferences over increasing extremist R’s rights at the veto player
M’s expense.?? This affects welfare through two channels: a policymaking channel (holding
fixed candidates) where extremist R proposes more often. This directly benefits party R and
increases total extremism by indirectly enabling more extreme proposals from both sides.
The sign of the indirect effect depends on relative extremist proposal rights, but Assumption
2 ensures the direct effect dominates.

Second, an electoral channel reflecting parties’ candidate adjustments. This channel’s
sign depends on (equilibrium) candidate positions. If both candidates are left of the veto
player M = 0, this effect is positive as both shift right. If both candidates are right of M,

the effect is negative. In no-crossover cases, the effect depends on indifferent voter location

1 (1-25pg)(1-20pg)
avtnc) 2(1*5,0];)2

Despite competing forces, parties prefer empowering aligned extremists over centrists.

and density: positive if Zp. < 37 , and negative otherwise.

Remark 3. Increasing pg at pps’s expense strictly increases party R’s ex-ante expected payoff

while strictly decreasing party L's.

This addresses why parties empower aligned extremists despite resulting electoral disad-

vantage. At the office level, institutional power can outweigh electoral advantage—parties

23 Appendix B provides comparative statics for other shifts in proposal rights and voter distribution changes.
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rationally prioritize legislative strength over winning probability. Concentrated proposal
rights offer policy benefits exceeding electoral costs, especially in constituencies with clear

partisan lean.

Extensions

We extend our model in three ways to demonstrate the robustness and scope of our key
mechanisms.?* First, we vary voter sophistication to show how awareness of policymaking
institutions affects electoral outcomes. Second, we study different veto arrangements, including
cases where election winners become veto players or supermajoritarian policymaking with
multiple veto players. Third, we analyze how electoral competition changes when proposal
rights depend on election outcomes, such as an election determining majority control. Across
these extensions, the fundamental proximity and extremism considerations affect behavior
but the relative importance of party-driven versus voter-driven mechanisms varies. They
illustrate how our core forces can arise more broadly but distinguishing specific electoral

patterns can depend on particular institutional details.

Varying the Voter Calculus

Our baseline assumes policy-motivated voters with full institutional awareness. To vary
voter sophistication, we analyze two scenarios: proximity-focused voters and sophisticated
voters overestimating officeholder proposal rights. Both preserve partisan balancing, though

proximity voters affect candidate extremism differently and eliminate party strongholds.

Proximity Voters. Proximity voters support candidates closest to their ideal point, so

the indifferent location is simply the midpoint: ¢ f :Ox = ({+r)/2. As voters do not reward

parties for the indirect benefits of moderation, parties moderate less. Parties now have

9, ProT , proz
symmetric incentives to converge—since gz = g; . Partisan balancing persists through

24We relegate details of each extension to Appendix C.
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party-driven mechanisms, but elections in strongly leaning districts become competitive
toss-ups rather than strongholds. This extension suggests that empirically, higher voter

awareness of policymaking institutions should correlate with lower candidate polarization.

Voters Overestimate Election Winner’s Proposal Rights. Our second variant ana-
lyzes voters who overestimate their representative’s proposal rights but know total extremist
rights. Specifically, the voter believes proposal rights are distributed p€ = (pe+e€, ppr—¢, pe, pr)
while both parties know the true distribution p.2° Parties understand voter beliefs, so their
strategic incentives are unchanged. Thus, the voter misperception surprisingly doesn’t affect
electoral outcomes. It impacts all candidates equally, preserving the indifferent location and
parties’ strategic incentives, so equilibrium candidates and win probabilities are identical to

the baseline.

Varying Veto Rights

Institutional veto arrangements also affect electoral competition. Our baseline models a
single veto player fixed at M = 0. We analyze two variants: election winners becoming veto
players, and supermajoritarian policymaking requiring approval from two fixed veto players.

Both variants can produce advantages for the strong-extremist party, unlike the baseline.
This advantage emerges from asymmetric officeholder effects on extremist proposals under
these veto configurations. Shifting the officeholder’s position tightens constraints on one
extremist while loosening them on the other, unlike the baseline’s symmetric effects. As strong-
extremist parties converge, total extremism decreases; as weak-extremist parties converge,
it increases. Thus, voters rewarding reduced extremism respond more to strong-extremist
party convergence. Consequently, the strong-extremist party can be favored to win under
conditions producing partisan balancing in the baseline.

These findings suggest that electoral advantages may vary systematically with veto

25We assume € € (0, 2—16 — PE — pPe), which ensures a centrist indifferent voter as in the baseline setting.
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institutions: majoritarian settings favor only the weak-extremist party outside of strongholds,
while supermajoritarian settings can also favor the strong-extremist party. This insight could
inform empirical analyses of electoral patterns across different legislative bodies, such as

unicameral versus bicameral legislatures or systems with different executive veto powers.

Election for Veto Player. When the winner becomes the veto player in policymaking,20
they directly affect extremist proposals through their own acceptance set. The strong-
extremist party gains systematic advantages: they are more likely to win and position their
candidate closer to the indifferent voter, regardless of the voter distribution. This advantage
emerges because shifting the officeholder has offsetting extremist effects—enabling one while
constraining the other—making the indifferent location more sensitive to strong-extremist

party convergence.

Election with Supermajority Policymaking. Consider a setting where policies require
approval from two veto players, v;, < 0 < vg. To emphasize key forces, we assume symmetric
veto players: vy, = vg = v and py, = pyp = pTM.W We focus on centrist districts (median of
F near 0), where F’s dispersion creates two distinct electoral patterns.

If F is sufficiently concentrated between the veto players, candidates satisfy —v < £* <
r* < v and the strong-extremist party is favored to win. This advantage stems from indirect
officeholder effects on extremist proposals through veto players’ continuation values. When
e € (—v,v), rightward shifts increase vp’s continuation value (constraining extremist £) while
decreasing vy’s (enabling extremist R). These asymmetric effects on extremist constraints
generate an electoral advantage for the strong-extremist party.

If F' is more dispersed, candidates locate outside the veto players, /* < v <0< v < r*,

and forces resemble the baseline with a weak-extremist party advantage.

26We assume pe = 1 - pp — pg > %, where the inequality ensures direct effects of candidates dominate
indirect effects through constraining extremists—analogous to Assumption 2 in the baseline.

27In addition, we maintain Assumptions 1 and 2a and also assume the value of agreement ¢ is not too
small, ensuring veto players can pass their ideal policy regardless of the election winner’s ideal point.
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Party-Dependent Proposal Rights

We now analyze how competition changes when proposal rights depend on the winner’s party,
as when an election determines majority control. We analyze two scenarios: party-dependent

winner proposal rights and the winner’s party affecting (relative) extremist proposal rights.

Party-Dependent Election Winner Proposal Rights. Parties may differ in their
candidates’ effectiveness at policymaking, which could affect electoral competition. Here, we
model such party-dependent winner proposal rights: the baseline proposal rights distribution
p prevails if party L wins; p? = (pe—Bypum + By pe, pgr) if party R wins, where 8 > 0. We
focus on a constituency with no-crossover in equilibrium.

Win probabilities are identical to the baseline, but candidate locations shift systematically.
Party L nominates a more extreme candidate than before when indifferent voters lean right
(Zne > 0); otherwise party R nominates a more moderate candidate. These shifts reflect R’s
candidates having less policy influence, creating two effects: R faces lower policy costs from
convergence and indifferent voters reward R’s moderation less.

These forces balance to preserve equal win probabilities but they disadvantage party
R, who will either nominate a more moderate candidate or face a more extreme opponent.
Parties thus benefit from candidates with superior procedural effectiveness, even though this

advantage may not translate into an electoral advantage.

Party-Dependent Extremist Proposal Rights. Elections often determine not just who
holds office, but which party controls institutional levers of power. Our second variant models
this by allowing total extremist proposal rights to depend on election outcomes—reflecting
how a single election can affect majority control, shifting committee chairs and procedural
advantages to the winning party’s aligned extremists. Formally, total extremist proposal
rights are now pg = p,. + py, + ¢, where p. and pg, are fixed extremist rights and ¢ > 0

represents variable rights allocated to the winning party’s aligned extremist. We focus on how
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variable proposal rights affect candidate convergence in a centrist (no-crossover) constituency.

Party-dependent extremist proposal rights create three competing forces: (i) higher
electoral stakes encourage convergence, (ii) lower voter sensitivity to candidate positions
discourages convergence (similar to Krasa and Polborn (2018)’s mechanism), and (iii) weaker
incentives to constrain extremists—as conditional on winning each party’s aligned extremists
are stronger—also encourages divergence. The third force is novel. Overall, increased
competition for majority control (an increase in ¢ holding fixed pp) may increase or decrease
convergence in centrist districts depending on which effects dominate. Standard models
predict convergence when majority control is contested, but empirically, intense competition
coincides with candidate divergence in competitive districts (Lee, 2016; Merrill et al., 2024).
We find that parties may be less inclined to moderate both because voters place less weight
on candidate ideology and parties are averse to constraining allies who would exert greater

influence after victory.

Conclusion

We develop a theoretical framework to study how the prospect of collective policymaking
affects electoral competition. By integrating majoritarian elections with legislative bargaining,
we find officeholders can influence policy through their own proposals as well as affecting
what others can pass. These two effects generate systematic electoral patterns that vary with
institutional rights and constituency characteristics, providing new insight into longstanding
empirical puzzles.

Our main analysis has three core findings. First, asymmetric proposal rights generate
partisan balancing in competitive constituencies, where parties with weaker extremist allies
win more often because institutional arrangements create asymmetric incentives to converge.
Second, in constituencies with clear partisan leanings, the locally-aligned party dominates

through voter-driven mechanisms that do not require intrinsic partisan attachments. Third,
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extremist proposal rights have opposing effects on candidate polarization depending on
constituency type—increasing divergence in partisan districts while potentially decreasing it
in competitive ones.

These findings address diverse electoral patterns through a unified institutional lens. The
systematic electoral disadvantage facing majority parties despite their procedural advantages
reflects parties’ rational choice to prioritize policy influence over electoral success. The
persistence of safe districts alongside competitive national elections emerges from how policy-
making institutions interact with local constituency preferences. The puzzling continuation
of candidate polarization during periods of intense majority competition follows from parties’
reluctance to constrain aligned extremists who would gain power upon victory.

Our framework explains how institutional changes affect elections. Reallocating pro-
posal rights affects policy and electoral outcomes, altering candidates’ chances and creating
predictable electoral shifts. Thus, procedural choices seemingly distant from elections—
committee assignments, recognition rules, veto procedures—impact candidates’ chances of
winning office and their alignment with constituent preferences. By parsing these institutional
effects, we inform evaluations of democratic performance and designing effective reforms.

Our analysis suggests several avenues for future research. It has implications for where
partisan balancing versus party strongholds occur under different institutional arrangements,
which could be evaluated using variation across states, countries, or time. The interaction
between voter sophistication and institutional complexity suggests that civic education and
media coverage of policymaking processes may significantly affect electoral outcomes. Scholars
could also probe how redistricting affects electoral patterns and representation by changing
the distribution of constituency types. Finally, while we focus on institutional mechanisms
by setting aside dynamics, incumbency, turnout, and campaign spending, including these

considerations is a promising path for future work.
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A Proofs for Main Analysis

A.1 Policymaking Equilibrium

_ (1-6)c _ = if e € [-7,7]

Let pgp = pg + pg. Define T = ———— and Z(e) = PE

1-0(pg+pe) _

z else.

Lemma 1 (Cardona and Ponsati (2011)). For each e € R, the equilibrium acceptance set is
A(e) = [z(e),z(e)] and the unique policy lottery assigns:
a. probability pyr to 0 (the veto player’s ideal point),
b. probability pp to —T(e) (the leftmost policy in the acceptance set),
c. probability pg to T(e) (the rightmost policy in the acceptance set), and

d. probability pe to min{T, max{-Z, e}} (the elected representative’s proposal).

PROOF. Given officeholder e, existence of a stationary subgame perfect equilibrium in the
policymaking stage follows from Banks and Duggan (2000), and uniqueness from Cardona and
Ponsati (2011). For characterization, Banks and Duggan (2000) implies M’s acceptance set is
an interval of the form A(e) = [~ y(e), y(e)], since up; is symmetric about 0. When recognized,
M proposes 0, L proposes —y(e), R proposes y(e), and e proposes the nearest policy to e in
A(e). To characterize y(e), there are two cases. First, if e € A(e), then M’s indifference

condition is ¢ —| y(e)| = d(c—pgly(e)| - pele]), which yields y(e) = M. Thus, e

—0pp
must satisfy ¢ —|e| > d(c—pg|y(e)| — pele]), which holds if and only if |e| < % =7.
Second, the preceding implies that e ¢ A(e) is equivalent to e ¢ [-Z,T]. Moreover, M’s
indifference condition is ¢ — | y(e)| = d[c— (pg + pe)| y(e)|], so y(e) = % =I.
o —(kél)i:;épe\d if e € [-7, 7]
Combining these two cases, we have y(e) = B PE | . The charac-
T else

terization of the acceptance set and proposals in the unique equilibrium yields the result. [

A.2 Preferences over Officeholder Ideology

Lemma A.1. Under Assumptions 1 and 2, for any i € R, U;(e) is: (i) constant over
e < T, (ii) strictly increasing over e € (-, min{,7}), (i) strictly decreasing over e €

(max{i,-7},T), and (iv) constant over e > T.

PROOF. For (i), all e < -7 induce the same policy lottery, so U; is constant. An analogous
argument establishes (iv). Next, we show (ii). Since U;(e) is continuous and differen-

tiable almost everywhere, it suffices to verify % > 0 wherever U; is differentiable in

(-7, min{4,7}). We have 8%( ¢) — 1 and 8%—2) =0 at all e € (-7, min{4,7}). Moreover, if
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e € (-7,min{0, ¢}), we have aui%f(e)) = 81”(;6(6)) = e Tfee (0, min{4,7}), we have

1-0pp
3%(*2«“(6)) _ *1156% and 3“@'(8956(6)) > 71%;]3. Thus, we have

auz(e) 5pe
> — .
e lec(zmimgizy 276 Toopy PLtrR)>0

where the strict inequality follows from Assumption 2. Finally, (iii) follows analogously. [

Lemma 2. For player i: U; is piecewise linear, constant over e < —x and e > T, and
single-peaked. If 1 € (-7, T)\{0}, then U; is asymmetric around its unique maximizer i and
decreases slower towards M = 0 than away from it. If i ¢ (-T,T), then U; is mazimized by

any e on its side of (—T,T) and strictly decreases as e shifts away over (—T,T).

PROOF. Lemma A.1 implies each part except for the asymmetry of U; around ¢ € (-z,7)\{0}.

. . - 78112-(6) _ 0pepE - 7596 (pﬁfpﬂ) < 8ul(e7> <
Consider ¢ € (-7, 0). Then, ——~* cc( i) Pe T 6oy < Pe T35 = e ec(i0) =
—pe + (if' %5 g < 0, where Assumption 2 yields the strict inequality. O

Lemma 3. For each party P € {L, R}, we have U;(e) = u;(ue). Moreover, pg > pg implies

oUg(e) ~IUg(e)

GUL(e) _78113(6)
de lee(-z,0) de

de  lec(0z) Oe

< —pe <

.4

e€(-Z,0) e€(0,7)

If pr < pg, these inequalities are reversed. If pp = pg, they are equalities.

PROOF. First note for any officeholder e, party ideal points are outside M’s acceptance set:
L < -Z(e) <T(e) < R for all e. Hence, for P € {L, R}, we have Up(e) = pe - (~|P — ze(e)|) +
pe-(IP+z(e)|)+px-(-|P-z(e)])+par- (| P-0]) = ~[P—(pe-ze(e)+(pr—pg)-T(e))| = up(pe)-

e
For the second part, we have Ny (e) = pe— 5’)61(_’)557’)9{) = 78u§(e) and
€ lee(-7,0) PE ¢ lee(-7,0)
Uy (e) _ pe(pe—pr) _  OUp(e) -
= ec(07) Pet TG T de ec(07)’ The result directly follows. O

For a candidate pair (¢, ), define player i’s expected utility of electing candidate ¢ over
candidate r as A(¢, r;1) = W;(¢) —U;(r), where U;(e) is defined in Equation 2. Then

Al r5i) = pg (wi(-T(0) = wi(-7(r)) + pe(ui(ze () = ui(ze(r))) + px (wi(T(0)) — i (T(r))).

Lemma 4. For candidate pair -7 < { < r < T, the unique indifferent voter is:

Lg’rzlng(é—gr5pE<€'|{£>O}+7"|{T<O})), (5)

which satisfies 1y, € (max{¢,~z(r)}, min{r,z(()}).
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PROOF. Let -7 < ¢ < r <T. The proof has three parts. Part 1 shows a unique indifferent
voter ¢y, satisfying ¢y ,. € (¢, 7). Part 2 shows ¢y ,. € (-Z(r),7({)). Part 3 characterizes vy ,..

Part 1. Lemma A.1 implies A(¢, r;4) > 0 for all i < ¢ and A(¢,r;4) < 0 for all 4 > r. Note
U;(e) is continuous in ¢ given any e, which implies A(¢, ;%) is continuous in ¢. We show
A(l, ;1) strictly decreases over ¢ € (¢, r). Specifically, for i € (max{-Z(r),(}, min{z(¢), r})
we have W = % [(pg +pgg)(f(r)—§(€))+pe(€—|—r—2i)] = 2pe < 0; fori € (¢,~Z(r)) we
have 2870 _ 0 [pL (fQifT(r)ff(E))+pgg(f(r)ff(€))+pe(€+7“f2i)] = 2(pe+pg) < 0; and
OA(l,r3i _ _ _ _ . .
O8G0 — 8o (3(r)-T(0))+pR(T(r) +T(0)-20) + pe(L+r-20)| =
—2(pe + pgr) < 0. Altogether, this implies A(¢, r;7) = 0 for a unique i = ¢4, € (£, 7).

for i € (Z(¢), r) we have

Part 2. We show ¢ . < Z({); an analogous argument shows ¢y, >~z (7). If r < Z({), then by
part 1 we have ¢ . < Z({). Thus, suppose r > T(£). First, Lemma A.1 implies A(¢, r;£) > 0.
Second, we show A(¢, r;Z(¢)) < 0, which then implies ¢/, < Z():

AL, r;T(0)) = pe <r +0- 25(12)) + g (W)

= 5 P(Se <r+(1*2(5(,0E+Pe))-E-|{€>0}—|—(1+2(5p6).g.|{£<0}72(175)C>'
~0PE

There are two cases. Case 1: £ > 0. Then we have r + (1-25(pg + pe)) - £ —2(1-0)c <
2(1-0(pg+pe))-r—=2(1-0)c =2(1-9(pg +pe)) - (r—7) < 0, where the first inequality follows
from Assumption 2a and the second inequality from r < 7. Hence, A(¢, r;T(¢)) < 0 for all
¢ €[0,r). Case 2: ¢ < 0. Then we have r+(14+20p¢)-0-2(1-)c < T+(14+20p¢)-L-2(1-0)c =
~(1-20(pg+pe)) T+ (1+20pe)-¢ < 0, where first inequality follows from r < Z and the second
inequality from Assumption 2a and ¢ < 0. Hence, A(¢, r;Z(¢)) < 0 for all £ € (=z, min{r,0}).

Part 8. Part 1 and 2 imply A(4, 750 ) = pp(T(r) - T(€)) + pe (€ + 17214 ,.). We solve for ¢y .
using Z(r)-z(¢) = %% If-7 <l <r <0, then A(l,7;500,) = pe (%?}ELM—ZAT),
so A(C,m;04,) = 0 yields ¢y, = Hlp—E(Q}g —dpp-r). HO<l<r <7, then A(l,750,) =

pe (L 2u,), 50w = g (HE - dpp 0. M T <0< 0 < r <, then

. l
Al r50py) = pe(T57 — 2ter) SO Ly = 57503 1:{ . O
PE (1-0pp)

A.3 Electoral Calculus

. _ 1-26p r _—  1-24p .
Notation. Define u’ = p, 175%? and py = pe lfépEL' Then we can rewrite (3) as
- (1-9)c
e = PP Do (1 e [mO} 4ty e ), (A)
~OPE
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and we have %’%’ =y if e € (-7,0) and %% =l if e € (0,7).
Let Ap(l,r) =AW, r; P). If T <l <r <7, then Ag(l,r) = pur—pup =—-Ar(¢,r), and

o (r—20) if —7<l<r<0,
Ap(lir)=Qp -r—p/ -0 if —z<(<0<r<7, (A.2)
py- (r—20) fo<l<r<t.

I — 1 1-20pg : = —
Define ¢}, = To0g) and (), = I Tl By Lemma 4, given -7 < { < r < T, we have

% = ifle(-T mln{O r}) and 8T =) if ¢ € (0,min{r,T}), and moreover, % =/

if r € (max{¢,-z},0) and % =1, if r € (max{0, ¢}, 7).

Lemma 5. A party P’s continuation value from a candidate pair satisfying € < r is:
Vp(l,r) = Flegy) - up(ug) + (1~ Fleg,)) - up(pr), (6)

which 1s continuous and strictly quasiconcave in their own candidate.

PROOF. Characterization of Vp(¢,r) follows from Lemma 3 and 4. Continuity of Vp(¢, )
follows from continuity of ¢/ , and . We show for any r € (-7, 7], V[, is strictly quasiconcave

over £ € [T, r); it follows Vp is strictly quasiconcave in . We consider two cases.

Case 1: Suppose r € (-7,0]. Then for any ¢ € (-7, ), we have LV?# = f(ver) - the -
AR(0, 1)~ F(tg,) - p. First, suppose there is an interior maximizer ¢* € (-, r). Since V[, is

differentiable w.r.t. ¢ on (-7, r), any interior maximizer must satisfy the first-order condition:

oVl )

0= 50 = [f(uy)- Uhe  Ap(l, )~ Flipy) - p =0. (A.3)

Thus, at any solution ¢* € (-7, r), we have:

O*Vy(l,r)

202 e = Fleper) - ARET) - (W)~ 2f (1pr ) - e - 1 (A4)
Lpx 2
— Pl Aplr) - (e)? 22T Ao (2 (A)
F(Lg* )
oy (£l P
=9 AR(& ) (nc) ( 5 F(%*,r)) <A6)
<0, (A7)

where (A.5) follows from substituting u/ = M - Ap(*,r) - i), based on (A.3), and



(A.7) from Ap(¢,r) > 0 and log-concavity of f. Thus, any ¢* € (-7, r) that solves first-order

condition (A.3) must be a strict local maximizer.

aVL(f,T) aVL(f,T’)

If no interior maximizer exists, limy_,,— =g~ < 0 implies —%— < 0forall ¢ € (-7, r).
Continuity at £ = —z implies V[, (¢, r) is strictly quasiconcave on [T, r| for any r < 0.
Case 2: Suppose r € (0,7]. First, we note the following fact:

/ ! 1 1-26 45pg(1-6
tne  H- _ PR _ pR{ oK) >0, (A.8)

gl 1-20pp 1-26pc  (1-20pp)(1-20pg)

where the inequality follows from Assumption 2 and pg, pr > 0. We consider three subcases.

Subcase (i): Suppose 0 < r < ';((ZS’T)) : 5—,/‘ . L,L First, we show 81%_(5,7“) <0 for £ € (0,7):
NG T nc
ovy(t,r)
Tl leeon = ) e st (07 Fluan) ity A
Floy) o 1
<HGar) sty (ppy 0 "l e (A10)
Flor) p 1 Flyy) 1
/ / r r
— AT LCAN el LA A1l
leer) ittt (O 05T e Ty ) A
< 0. (A.12)
F(ew,r) . ,U_i 1 : F(Lé,r) o1
(A.10) follows from r < Tlor) W T while (A.12) follows from ¢ > 0 and Ty 7, >
Fluor) 1« Flor) ¢ 1 . .
TG0 i > Tlo,) i, Ty where the first inequality follows from ¢y ,. > ¢ ;- for £ € (0,7)

and log-concavity of f, and the second from (A.8). Second, note lim,_(- a—vf# = f(w,r)-

!/
A //+ -7 = F(uw,r) - p. < 0 as we assumed r < %8::)) . 5—,; . ﬁ Thus, any interior
maximizer must satisfy ¢* € (-7,0). Analogous to (A.4) — (A.7), log-concavity of f implies

82 VL(&’/’)

RYZ f—p* [
). Floyr) p 1 F(uor) 1
Subcase (i1): Suppose Tor) i, T <r< oy i

< 0. Hence, V7 is strictly quasiconcave on [-Z, r].

. First, we have:

8VL(€, 7")

l ‘fe(x 0 Flee) tne - (Wl -r=pl - 0) = Fugp) - il (A.13)

> fuga) -t (i - ) P L) P (A

?

i Pl (A.15)

, (A.16)
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F(L07r) )

, f(LO,r)

5—,’ . L,L; (A.15) from ¢ < 0 and simplifying; and (A.16) from vg, > ¢y, for £ < 0 and
+ nc ’

log-concavity of f. Similarly, we have:

where (A.13) follows from differentiating and simplifying; (A.14) follows from r >

8VL(€, 7’) . / / B - L
ol leeor) flegp) - ve-pg - (r—0) = Flegr) - 1 (A.17)
< f(%,?") “let My (1;((:))7:3 Li/ *é) - F(Lﬁ,r) . qu_ (A.18)
to.r)  Flep,
< f(ur) -M+<};EL§’T)) - fébjr;> (A.19)

<0, (A.20)

where (A.18) follows from r < ?((28’7’)) : Ll,; (A.19) follows from ¢ > 0 and simplifying; and

(A.20) from ¢g < ¢g - and log-concavity of f. Hence, V[, is strictly quasiconcave over [-7, r].

Coy F(LO,T) o1 : : F(L()’T) . £ L
Subcase (i1i): Suppose r > o) . Then (A.8) implies r > Tor) —-

u N/Jr tne
Hence, we must have aVLa(;’T) > (0 for all ¢ €
. oVvy(e,
limy o+ TL(e )= foy) i (Lo

For) 1
from r > Tlo.) 1

(-7,0), by (A.13)-(A.16). Also, we have
r) ,u > (0, where the inequality follows
(

< 0, continuity of 8VL_(€) on (0,7)
8VL(€ 7”)

{=0*
< 0. Thus, V7, is strictly quasiconcave on [-Z, r]. [

-M+-

. Lastly, since limy_,,-

!/
C
implies there must exist an ¢* € (0, r) such that

62 VL (f,T‘)
0 |g—gr

= 0. Analogous to (A.4)-(A.7),

log-concavity of f implies

A.4 Equilibrium
Proposition 1. There is a unique equilibrium satisfying -1 < * < r* < 7.

PROOF. For existence, define the strategy space S = {({,r) € [-Z,7] x [-Z,7] : £ < r},
which is nonempty, compact, and convex, with each party’s strategy space a continuous
correspondence. By Lemma 5, the mapping Vp : S — R is a continuous function that is
strictly quasiconcave in party P’s strategy. Thus, the Debreu-Fan-Glicksberg theorem implies
existence of a pure-strategy equilibrium.

The proof of uniqueness is tedious and not particularly insightful for our main results, so

we relegate it to Appendix D. The ordering argument is standard. O]

Proposition 2. If there is no crossover in equilibrium, then:

a. party L’s win probability is P* = —Z}fggé) ;
b. the indifferent voter is LZ r = Ine = Pl @fgﬁé))f
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(1-26p)(1-20px)
1-0pp

d. the candidates are £* = (1 — 25p5)<5;m — Qf(lj: )%> and r* = (1 - 2dpg) <5:m +
1 1425p4)

2f(5v5nc) 1-0pE

, and

c. candidate divergence is r* —0* = 20(pg — pR)Ine + f(%m)

PROOF. Suppose —T < {* <0 < r* < T is an equilibrium. This requires

ovy(l, r*
0= %M:E* = [ (tpxp*) - Vo Ap(LF,r%) ~ F(1ps ) ¢, and (A.21)
OVp(l*, r
O = %‘r:r* = f(Lg*’r*) . L/nc . AR(K*, 7“*) - (1 - F(Lg*,r*)> . p/_i_. (A.22)
Combining (A.21) and (A.22) yields F (1p« =) = %, which follows from simplifying and
,u+ = 11 26[)’;‘ pe and p/ = L %mzpe Thus, ¢+ = Fl (ﬁﬁggg)) = Ipe. Substituting into

(A.21) and simplifying yields £* = (k%p@-(mff(i;m)). Combining with &y, = %

. _ . 1 1-24p 1-2dp
yields (* = (1*25%)(%6’ Fline) 2(175;;?)) and r* = (1- 25"5%)(5””“ F(Ene) 2(1@2))' -

Corollary 2.1. If there is no crossover in equilibrium and pg = pg, then:
a. party L’s win probability is P* = %,

b. the indifferent voter is .pggp = m = Fﬁl(%),

c. candidate divergence is rgg —{pg = (1-0pg) - (row —Low), and

d. candidates are bgy = (1-0pg) - Low and rgg = (1-0pg) - raw -

PROOF. This is a special case of Proposition 2. O

Proposition 3. If there is crossover in equilibrium such that -T < £* < r* <0 < T, then:

( L e
a. party L’s win probability is P* = 20 0pg)’

b. the indifferent voter is v}, = ¥j . = Ft <—2(1*}5PE> )

c. candidate divergence is r* —{* = ( 7
. o 1 26pE o 1 o1
d. candidates are * = i, GRS and r* = Iy . + Sy Tops
PROOF. Suppose —T < {* < r* < 0 is an equilibrium. This requires
oV, r*)
0= Tlg:g* = [(tgx ) - tme - AR(E*, 1) = F(1p= ) - piL, and (A.23)
OVR(l* 1)

L . Ll : 1-26

Combining (A.23) and (A.24) yields F (tpx ,+) = Mi'f’:wiui'b’c = 2(17}5%) since ¢/, = 2(1—625)
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and (), = +E) Thus, ¢ px = F1 <m) = Ij .. Substituting into (A.23) yields

2(1-6p
. Pe " (1725pr) x gk Pe’ (1*25093) x ok 1
0= f(i;,)- (rt =) - xr*—0"————  (A.25)
7 2(1-dpp)? 2(1-0pp)? f(E )
.. . U+ (1-20pg)r* . . | 1-24p
Combining (A.25) with 1px .+ = Topy) = e yields 0* = iy . T 2.(176/)’2) and

* _ x 1 1
= et f(@e) 2-(1-6pg) =

Features of Equilibrium Given equilibrium candidates (¢*,7%), let 7(€*, r*) = F(1px ;) -

pogr + (L= F(1px p+)) - piyx denote ex-ante expected policy. Substituting for g+ and p,« yields:

T 1) = pe - [Feps ) - €+ (1= Flpr pv)) - 17]
(1-0)e+dpe - (F(epe ) - 0]+ (1 Flepe o)) - |7~*|)> (A.26)
1-dpp '

+(PR*PL)'(

Proposition A.1. If -7 < (* <0 < r* <7, ex-ante expected policy equals fiex, ., the mean of

the policy lottery induced by an officeholder with ideal point ey, . =
Ine - (1-20pg)  else.

PROOF. There are two cases. Case (1): Zpe > 0. Then, (A.26) implies 7(£*, %) = pe- (%%~

—26p
(1-8) c+3pe- (Toagl - F(1ge s )- £ +(1-F (g5 o ))-r*)
F(Lé*,,,,*)'g*—i-(lfp(bg*’r*))"f’*) +(10fR*pL) oL 1-6pg ) -

Pe -+ Ine - (1-20pR) + (pr = pg) - T(Ine - (1-20pR)) = Hz,..(1-25p5)-

Case (ii): @pe < 0. Then, (A.26) implies 7(¢*, %) = p - (F(Lg*’r*) 0t + i:gggi(l —
(1-0)c-0pe- (F(1ge o )-£*+agee (1-F (145 o)) 1) )

F(%*,r*)) : 7"*> + (pR — pg) - =y - ) = pe - Tne - (1

26pg) + (pr = pg) - T(@ne - (1-20pg)) = pz,..(1-25p,)- 0

Proposition A.2. [f-T < (* < r* <0< T, ex-ante expected policy equals flex s the mean
of the policy lottery induced by an officeholder with ideal point e, = ¥y .

PROOF. In such an equilibrium, ¢* < ;. < r* < 0. Thus, (A.26) implies 7(¢*,r*) =

1-6)c—6 e’ F Lpx £* 1-F(¢ * pk ¥
pe'<F(Lz*,r*)-f*+(1F(Lz*,r*))-r*)Jr(pgzpa)-(( Je_dre (R ’17)5[);( el ))

pe-Tpc+ (pr—pg)  T(Ty ) = g - O
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B Comparative Statics

We study comparative statics of proposal power shifts on ex-ante expected policy. For clarity,
* ok

we denote the effect of increasing p; at the expense of p; as %, for i, j € {e, M, L, R}.
iPj

We first provide a detailed proof for one shift, following the example in the text.

on(0*, %)

Proposition A.3. If -T < (* <0< r* <7, then > 0.
INpr—pm)
o om0, ) Opex. Opex  Opex : .
PROOF. From Proposition A.1, we have onri) = Oon. Opar — g Taking derivative

and rearranging yields:

Ot ex . 0z (e) Jz(e) dey,
——nc _ 7 - . + ( - . ) . nc
apm x(enc) + (p:R pL) 8pr e:e;zc pe + (pr pL) 66 626;26 apr

policymakingchannel (+) electoral channel (+/-)

The policymaking channel captures the effects of shifting proposal power from M to R,
holding fixed candidates. The first term, Z(e;.) > 0, captures the direct effect. The second

term, (pgr —pc) - % o < 0, captures the indirect effects through enabling extremists;
—rnc

the sign is positive if pp > p, and negative otherwise. The total policymaking channel is
1*25p5
1-0pp
The electoral channel consists of two multiplicative terms. The first term, pe + (pg —pg) -
oF . . } L
% —er = 1—7% (1-26(H{Zne > 0} - pg + Hine <0} - pg)) > 0, captures how shifts in
the win-probability weighted election winner mean ideology e . affect policymaking outcomes.

-T(ep.) > 0; the direct effect dominates the indirect effects due to Assumption 2.

The second term, %2}; < 0, captures how shifting proposal rights from M to R affects the

win-probability weighted election winner mean ideology e;.. The sign of the electoral channel
ae’:,c e ae;;,c — _ 8inc ]

depends on the second term, T If Zp. < 0, then T = (1—20pg) - o > 0, which

follows from 2ne — —_ 1 0020pc) g 1p 7~ () then %‘%c = (1-20pg) - Yine 953, =

opr ](f(:znc) ')2((175@))2 opx
. 1 . 1725PL 1*25pr . . oL .
25( Ine + 3 Fline) 510552 ) Hence, the sign of the electoral channel is positive iff
e < 2f(1§7 ;- (1’225(51{25%];)22(; %) and negative otherwise.
. . ., . 1 C(1-26pg)(1-2px)
Lastly, we show the total effect is strictly posmve(. If6xn)c( < 62 7 ()i:nc) 20005
) . 1 (1-20pg)(1-20pg )
both channels are positive. So suppose Zpe > 5 F(ine) 20 0pp)? Then we have:
Oprer, 1-26 1-26 1 1-20pg)(1-26
Fepe PL (6% Y 4 2, - pL <7i,m+ L ( pe)( ! PfR))
Opr  1-dpp 1-épg 2 f(Zne) 2(1-dpE)

~ 1-2dpg B B . 1 1-2pg
= sz (09w 1 2p0)on(~ane+ rrE) ) >
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where the inequality follows as £* < 0 implies Ip. < %2%3—252)' n
Proposition A.4. If -7 < (" <0 <r* <7, then (a) 53— aﬂg i >0 (b) gwpgpr > 0 iff
Ine > 0; (c)gﬂpé—;;>0 if Ine < 0.

PROOF. Part (a): From Proposition A.3, we have % > 0 and %
symmetry). Hence, 57,005 = Sfmsae) ~ Sloc-s)

. B om(*,r) _ (1-20pg)(1-20px) . -
Part (b): Taking the derivative, we have o) = =y Ine. Hence,
o (t* %) om(t* %)

3pe par) e o) < 01 Fne < 0.

Part (¢): Proposition A.3 and part (b) imply g?lgi ; )) = &:?2?)2 ((15)c+(125p5)5pe (7

1-20p )) ~ (1-20pg)(1-20pg) - onlh,rt) . O

< 0 (by

> 0 if Zpe > 0 and

e + o] ST o0e) Topg  wne: Thus, Ine <0 implies 57 =00
Proposition A.5. If T < (* < r* <0, then (a) aW—M > 0; (b) 50— aﬂg ) 0; (¢)
% i (d) gwpﬁ ; 0 (¢) %W,OE 7;) 0; (F) 8%; §0

Proor. Purt (u): Sk = g0 [pe 1o+ (o p) S50 = 2008 (1) +

1-29 . . -
5pe< Ty e+ f(ﬂﬂzc) (1i$pE) 5 5%)) > 0. The inequality follows from ;. < 0.

on(l*r*) _ 9 s - (1*5)0*5,%@@] _ 1-26pg N <v
Part (b): apm—re) m[ﬂe T e+ (pR—Pg) 13pg = (Topp)? (1=6)c=bpe( Ty o+
i %lc) 2(1%%))) > 0. The inequality follows since r* < 0 implies ;. + WW < 0.
Part (c): g&(gi;*)) = 11 25(;'0 R % . > 0, where the inequality again follows from ;. < 0.

om(*r*) _ Om(*,r*) om(0*,r*)

Part (d): From parts (a) and (b), it follows that T omre) = domr) T doarre) > 0
Part (e): From parts (a) and (c), it follows that g?éié;*g = 6?(7; (gfi;;;)) 8&5 p*>) > 0.

om(*,r*) _ 1-20pg
ps—pe) — (1-0pp)?

1 1 1-206pp . 1-26 1
FaamaE)) Tareite = dapes (~(1-8)e - (1-8(pg+ pe))ite +0pe T yarrhogy )

Note that <(1-38)c—(1-0(pg + pe))i; . < 0 since ;. > —7, and dpe f(;z )m > 0. The

(a)
Part (f): From part (b) ~(1-6)c+ 6pe (. +

and (c), we have

sign may thus either be positive or negative. O

Proposition A.6. If -T < (* < r* <, a (marginal) positive shift of the voter distribution

increases w({*, r*).

PROOF. If -T < £* < 0 < r* < 7, positive shifts in the voter distribution have the following

effect: aﬂé{;’:*) = 1§§;E (1-28pg) - (1-25pg) > 0. If -7 < £* < r* <0, positive shifts in
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the voter distribution have the following effect: (g ) Ope (1-26pg) > 0. It follows

1-0pp
by symmetry if 0 < £* < r* < Z, we have aﬁgv ) S . ]

C Extensions

C.1 Varying the Voter Calculus
C.1.1 Proximity Voters

Suppose the voter evaluates candidates based on a weighted average between full sophistication
and proximity concerns. Let a € [0, 1] parametrize voters’ weight on sophistication and
1 -« the weight on proximity. Denote a voter i’s ex-ante utility of electing candidate ¢ over
candidate r as AY(l,ryi) = a- Al r;0) + (1 - ) - (ui(€) — ui(r)). When a = 1, we retrieve
the baseline model; when o = 0, we are in the pure proximity voting case described in the

main text. Solving for the indifferent voter yields:

o - 1 (€+r'ape+(1a)(15pE) ape - 0pp

£ >0} +r-1{r < 0})).
1=dpg\ 2 ape + (1-a) Oépe‘f‘(lfoz)( {£>0}+r-1{r<0})
Proposition A.7. In any equilibrium s.t. -T < {* <0 < r* <T:

) , ) gy x _ 1-20p,
a. party L’s win probability is P* = 20 0pp)’

b. the indifferent voter is L?*J,* = Lg*,r* = Ipe=F" 2%3—(%),
. : : . apet(1-a) ( _ 5 1 (1-20pg)(1- 25/’92))
c. candidate divergence is r*—{* = apet(1a)(1-0p7) 26(py, pR)Inc—i_f(inc) ey ,

(1=20p¢)-(ape+(1-a)) (x 1 -
apet+(1-a)(1-0pg) \"™ f(inc) 2(1-0pp

d. and candidates are (* =

1 _1-20pg )
f(@ne) 2(1-6pE) )

PROOF. Fix a € [0,1] and suppose -7 < £* < 0 < r* < T in equilibrium. The FOCs are:

* _ (1*2(5p )'(ape‘F(l*a)) X
- ape&l—a)(l—éma) ( net

a k% 6LZT*
0= f(Lf*,T*) AR(E , T )—af

(67 * * @L%’T « /
0= F (1t o) - DR T - =] o= (1= F (i) ) - o

- F(L?*,’I"*) . /JJ/,

ey
bp r*

Since there is no crossover, we have ——

O, _ 1 opet(a)(1-dpR)

(=0 = "Or lr=r* = 2(1-bpg) ape+(1-a) ‘
/

Combining the FOCs yields F(Lg*,r*) = G T ATopm) Hence Ups e = Lpx px = e
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Substituting #,. into L's FOC and simplifying yields:

e Loy 1%y apet(1-a)
1-20pg  f(Ine) ape+ (1-a)(1-dpp)
Solving the system of two equations yields ¢* and r*. O

Corollary A.7.1. Suppose a € (0,1) and -7 < * < 0 < r* < Z. The party on the same
side of 0 as @pe strictly prefers decreasing « (more proximity-focused voters), while the other

party strictly prefers a increasing o (more sophisticated voting).

PROOF. Ex-ante expected policy is 7 (¢*, r*) = F(xnc) (pps—pups )+ oy = T&E((P@C(mr

0* 1-26 1-26 * 1-26 1-26
pe)+pe EE A ’ifzgsoE rz) 215 ( clpr—pg)+pe - EH N pfzg(pE px)
om (e r) _ . pe(1= 25;)@ (1- 25p3z)) (_ S pe PE ) om (L, 1)
Thus, we have ——3-— = Ipc- ( =5p5 (ape o)1 0o 2 ) 0~ oa — &
—Ine. Hence, Zpe > 0 implies 7@(£*, r*) strictly decreases in «, and vice versa. O
Proposition A.8. In any equilibrium s.t. -T < {* < r* <0< 7T:
. Y ai g ook _ 1 apet(l-a)(1-9pp)
a. party L’s win probability is P* = 3 6pg) opetia)
. . . - e+ (1-a)(1-6
b. the indifferent voter is L?*’T* =3 =F 1 2(17%%) . 2P 04,(0@+a()1(*0<) pE)),
c. candidate divergence is r* —(* = f(Ia ik and
~ * _ a1 (120pg)oapet+(1-a)(1-0pp) * a 1
d. candidates are (* = I, G 3(1-0pg) (apet(1-a)) and ™ = I, + G

ape+(1-a)(1-6pg)
2(1-6pp)(apet(1-a))

PROOF. Fix a € [0,1] and suppose -7 < £* < r* < 0 < 7 in equilibrium. The FOCs are:

oy
l,r*
0= f(f ) .AR(g*’r*),a_g e~ F (1 o) - il
— 03 A g* * ab%ar 1-F (e} /
0 = f(LE*,T'*) . R( , T ) . ar |7’ r ( — (Lg* 7"*)) ,uf
ol 1 +(1-a)(1-6pp)
. : _ o = _ ape+(l-a)(1-dp
Combining these FOCs yields F(L‘l?fkm*) = Ehag/*) - 8Laag*7,,,)} — o) apt(la) E)
Let &, = F (gt - 2ot el 0] )t equilibrium, &, = «f. ., which implies
g 20 00p) (ape (L 0) e opet(L0) (L opp)
© ape-(1-20p)+(1-a)-(1-dpp) ape - (1-20pg) +(1-a)-(1-dpp)

Moreover, FOCs imply r* = W + ¢*. Solving the system of equations yields ¢*, r*. [
lc

Corollary A.8.1. Suppose a € (0,1) and -T < {* < r* <0 < Z. Party R has a strict

preference for increasing o while L has a strict preference for decreasing a.
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PROOF. The ex-ante expected policy is: 7 (¢, r*) = F(Z;",) (pupx — pop) + pipx = ﬁ ((1 -

QU Pk % 8,uja ava
d)c-(pr—pg) + pe ilo‘c(lf%pm)) = pzo . Therefore o ga’r ) = Jot o géf > 0. O

C.1.2 Voters Overestimate Election Winner’s Proposal Rights

Suppose parties know the true distribution of proposal rights p, while the voter believes that
it is p© = (pe + €, ppr — €, pr, pr)- Assume € € (0, % — pe — PE), which ensures the indifferent
voter is a centrist. Then, Lemma 4 implies there is a unique indifferent voter LZ ,» which is at
the same location as the baseline setting: LZT = 1¢ - As aresult, party incentives to converge

are identical to the baseline, so the key equilibrium properties are also identical.

C.2 Varying Veto Rights
C.2.1 Election for Veto Player

Suppose the collective body consists only of election winner e and extremists £ and R.
We assume pp < % and focus on the case when candidates constrain both extremists in

equilibrium policymaking.

(1-0)c

Policymaking. To characterize policymaking, let y(e) = e - and 7(e) = e +

1-0pp
(11;5?; If -X < y(e) and F(e) < X, then e’s acceptance set is A(e) = [y(e), Y(e)]. Let
Ui (e) = pe - ui(e) + pg - ui(y(e)) + pr - ui(Y(e)), and AY(¢, rid) = U (€) = U (r), and

- — 1-0
e = pe-e+pg-yle)+pr-Yle) = e+ (pr—pg) - (176;315'

Lemma A.2. If -X < y(r) <{ <r <7g(l) < X, then there is a unique indifferent voter

L?,T = 2(1—1pE) (0-(1-2pg) + - (1-2pg)), which satisfies L}}Jn e,r).

PROOF. It is easily verified pp < % implies AY(¢,r;1) > 0 for all ¢ < ¢ and AY(¢,7;i) <0
for all i > r, implying ¢} .= € (¢, 7). Characterization follows from AY(¢,r;i) = 0. O

Proposition A.9. In any equilibrium such that —X < y(r*) < * <r* < gy((*) < X:

) B .. . . .. . * 1*2pjz

a. L’s equilibrium win probability is P Tpy)’

b. the indifferent voter is LZ*,T* =iV =F1 (ﬁ) ’

c. candidate divergence is r* —{* = f(]i,v); and

7 , « _ v 1 1-2p; * _ %0 1 12pg
d. candidates are {* = % 77 201 pp) and r* =" + @) 2(0-pg)”
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PROOF. Suppose X < y(r*) < * < r* < 7({*) < X. The FOCs are:
abg r*
0= £ ) () b

v V(pk Lk aLg*,T’ v a:ug
0= f(%*,?“*) 'AR(K T ) ’ or }r:r* B (17F(L€*,’r*)> ’ W‘r:r*’

ouy
f=p0* F(LE*,T*) . a_;u:g*;

Oy Otfp

Oug) _ _ Qo Lapg
where S| p_pe = Gl = L 57 j- Com-

_ _12pg )
(=0 = 2(Tdpg)’ and — [—— 2(1-6pp
bining the FOCs, substituting and simplifying yields ¥ (LZ* T*) = %. Thus, we must

have ¢, . = 1. Combining with the FOCs yields the candidate locations ¢* and r*. [

The following conditions are mutually sufficient to guarantee this equilibrium exists: (i)

(1=6)c. i\ T < v 1 1-2pp | (1-6)c, Gy Y oo sv 1 1-2py  (1-9)c
< Tapy ) X > 34 pamy oy i 204 W) X <E o,y s

1
f(&v)
C.2.2 Election with Supermajority Policymaking

Suppose there are two fixed veto pivots, v < 0 < vp = v, symmetric around 0 and with
equal proposal power, py, = pyp = M. We keep Assumptions 1 and 2a, and assume

c>v- (1 + %W) to ensure veto players can pass their ideal point in policymaking.

Policymaking. Let A%(e) denote the equilibrium acceptance set given e. It is the intersec-
tion of the acceptance sets of vy, and vg. Given linear loss utility, v;’s indifference condition
pins down the upper bound while vg’s condition pins down the lower bound of A%(e).

For the analogues to —7 and 7 in the baseline, we define the following quantities:

ps = - d)erv (L 0+ 20pp(l+3(pe + pg — p3)))

o 1-0(pe + pE)

s (1-0)c—v(1-0+420(pe + pg)(1-d(pe + pg — pr)))
1-0(pe + pE)

s (1-0)c+v(1-0+20(pe + pg)(1+(pg — pe—pg)))

* 1-6(pe + pp)

s (-0 v(A-6+25ps(1-0(pg —pe—pRr)))

- 1-6(pe + pp) '

|8

8|

Claim A.1. The equilibrium acceptance set is A(e) = [2°,Z%] for e < 2%, and A(e) =

(25,75 ] for e > 77

PROOF. We show the first case; the second is analogous. Given e, the equilibrium ac-

ceptance set is A%(e) = A3 (e) N A5, (e), where A3 (e) = [aj, (), @y, (e)] and Aj(e) =
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laz, (€), @5, (e)] are the respective acceptance sets of veto players vy, and vg. Since vy, < vg,

it follows that aj, (e) < a3, (e) and @3, (e) < a5, (e), which implies A%(e) = [aj, (e), a3, (¢)].

Suppose e < gf,R(e). Then, if recognized: vp proposes v, vy, proposes —v, £ and e propose

S

a; (e), and R proposes a3

(e). To characterize A®(e), we have two indifference conditions:

—VUR vy,
_ PM
g (a9 (€)) + (1= 0)e = 0((pe + pe)uvg (ady (€)) + pruwg (@3, (€)) + == (1)),
_ _ PM
oy (@, (€)) + (1=0)e = 6((pe + pr )ty (a5, (e)) + pruwy (@3, (€)) + = oy (V)
Solving this system of two equations with two unknowns yields the result. O]

Analogous to Z(e) in the baseline, define the following quantities:

(e +2vdpg) if e € [2°, V]
(- 8)e+ (1- 6+ 2wbpp(1 +3(pg —pn)) . 99 |
z°(e) = opp + 1*5€PE 9 e (1-25pg) if e € [-v, V]

(ce+2v(1-dpp)) ife€ v, 7]

(—e—2v(1-0pg)) ifec€ [z’ V]
(1-0)e-(1-0+2vdpe(1-0(pe —px))  _Op .
1 opp +17<5€pE. e-(1-20pg) if e e [-v,v]

7%(e) =
(e—2vdpg) if e € [v,77].

Claim A.2 (Interior Candidates). If e € [z%,7% ], then A(e) = [2°(e),T°(e)].

PROOF. Proof is analogous to the proof of Claim A.1. O]

A key difference with the main model is that shifting an officeholder between the pivots,

e € [-v,v], shifts both bounds of A(e) in the same direction, rather than in opposite directions.
Voter Calculus. If officeholder e € (—v,v), then player i’s continuation value is U} (e) =
prui(z®(e)) + prui (T (e)) + peus(e) + Bl uy(~v) + B5lu;(v). Let AL, ryi) = UF () - UF(r).

Lemma A.3. If v < { < r < v, then there is a unique indifferent voter 1°({,r) =
m@(l ~20pg) + (1l 25p5)>, which satisfies 50, 1) € (L, ).

PROOF. Assumption 2a implies A*(¢,r;r) < 0 < A%, r;¢). For i € (¢,r), we have
Al r;i) = (r— 6)1—%%}@3 —pg) + pe(d + r—2i). Solving A(¢, ;1) = 0 for 7 yields the
result. O]
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Party Calculus. Given officeholder e € (—v, ), the mean of the equilibrium policy lottery

is uf = pe - e+ pg-z°(e) + pg - T°(e). Substituting for z°(e) and 7%(e) and simplifying
4452 N ~5(1—

yields pf = LA PLPR ;5 e 4 (pR —ps) <<1 JLE V(lli(?p(; 45%%») Then, party P’s expected

1-opp
payoff from candidates (¢, 7) is V5(£,r) = F(.5((, 7)) - up(uj) + (1 — F(.5(¢, 7’))) ~up(ps).

Proposition A.10. In any equilibrium such that —v < * < r* < wv:

a. party L’s win probability is P* = 2}3—%, 5
b. the indifferent voter is LZ*J,* =gy = F1 (2%355?)),
. . . . X ok 1
c. candidate divergence is r* —/ YL
1 20 1 1-2dpq

. * o 1- PL * — 5
d. and candidates are (* = I i) 20 0pR) and r Ty + i) 2 opg)
PROOF. Suppose —v < {* < r* < v. The FOCs are:

S S (px ok 8LZ7’*
0= f(ifepe) - AR 1Y) - —57=
S S * * 8L2*7
0= f(tpeye) - AR, —

o
f=p* F<LZ*,T*) : 8_;‘£:€*’

ous
r=r* (1 B F(LZ*,T*>) | %‘r:r*’

r

¢ _ _1-25pg abg*,r} 1-20p; 019 %| _%‘ _ 1-48%pgpm
(=0 = 2(06pg)’ Or lr=r*— 2(1-0pp)’ ol le=tx = Or lr=r* = “10pp Pe

Combining the FOCs, substituting and simplifying yields F (LZ* T*) = 2}3%3 Thus,

*

aLZ T
where o7

tjx y+ = Iy. Combining with the FOCs yields candidate locations £* and r*. O

C.3 Party-Dependent Proposal Rights
C.3.1 Party-Dependent Election Winner Proposal Rights

Suppose that (i) if £ wins, the distribution of proposal rights is p = (pe, pur, P2y PR), and
(i) if the r wins, the distribution is p® = (pe — 8, par + B, pc. px), Where 8 € (0, pe). We

maintain Assumptions 1 & 2a and focus on no-crossover equilibria.

Policymaking. If ¢ wins, equilibrium policymaking is identical to the baseline. If r wins,

(1-d)c and 70(r) =

policymaking is analogous but with pﬁ instead of p. Define b = T3(patpe B

1-6 O(pe— . B —
( )Cl‘ta(ppE B)|7”‘ if re [,xﬁ’ xﬁL
75 else

. If r wins, the acceptance set is A(r) = [-Z°(r), 78 (7).

Voter Calculus. A player ¢’s continuation value from /¢ as officeholder is ugé) while r as
officeholder yields U?(r) = (pe — B)ug(zr(r) + pous CZO(r)) + prui (@ (1)) + (par + B)u; (0).

A-16



Let AP0, r; ) = U;(0) - uf(r). For interior candidates, -7 < ¢ < r < T, we have:

AP (i) = pg (i + O]+ i+ 2 () + pe( i €] + i)
o~ i~ O] +1i-TPW)]) - B( il + i~ rl).

Lemma A4. If T<(<0<r< Eﬁ, then there is a unique indifferent voter:

B
v, =—"
lr 2(1*(5pE) (f—l— pe—B -7”) ifT’E (0 __Pe g)’

| {<M€+r> ifre [ 0,70)
Pe " pe B

which satisfies Lgr e (max{¢,-Z5(r)}, min{r, 7(0)}).

PROOF. Consider -Z < ¢ < 0 < r < Z”. The proof is similar to the proof of Lemma 4: Part
1 shows Lg’r € (max{¢,~7%(r)}, min{r, 7(¢)}) and Part 2 characterizes it.

Part 1: We show AP(¢, 7 0) > 0 and AP(¢,r;-z8(r)) > 0, which imply AP (¢, r; i) > 0 for
all # < max{¢,-z%(r)}. An analogous proof shows AP (¢, r;i) < 0 for all i > min{r, z(¢)}.

First, T < { <0 < r < Z” implies AP0, r;0) = pp (0~ T() + [t + TP (1)) + pr(Z>(r) -
TO) +(pe=P)rpel. 00 2 T0(r), then AL 13 6) = pp (@ (r) ~T(0) + (e~ F)r — el s0
substituting and simplifying yields AP (¢, r; ¢) = = 6,0 ((pe—B)r—(1-20pg)pel) > 0. Otherwise
¢ < 7P (r), which yields AP0, r:0) = pp(@P(r) - T(0)) + (pe — B)r— pel —2pc (L +TP(r)) > 0
by the preceding case and ¢ < -z (r). Thus, AB(¢, r;¢) > 0.

Second, -T < ¢ < 0 < r < 77 implies AP0, r;-ZP(r)) = pp(-| - ZP(r) — T(0)]) +
pR(@P(r)~T(0)) + pe @ (r) |70 (r) + £]) + (pe— B)r. Tf £ > -T0(r), then it is straightforward
to verify AB(¢, ;-0 (r)) > 0. If instead £ < ~TP(r), we have AP(¢, r; TP (r)) = pp(@°(r) -
T(0)) 4 2peTP (1) + pel + (pe — B)r. Substituting and simplifying yields AB(¢, r; ~zP(r)) =
%(pe(ﬁ +2(1-6)c) + (1 +28pe)(pe — B)r) > 0 by Assumption 2a.

Part 2: Note AP (¢, r; i) is continuous and strictly decreasing over ¢ € (¢, r). Thus, a unique

Lfr solves AP (¢, 1 i) = 0, characterized by (pe—B-1{i > 0})-i W(peﬂ#—(pe*ﬁ)r). O

Let ug = (pe— B)r + (pg — pr) - T2(r) be the mean of the policy lottery induced by 7.

Proposition A.11. In any equilibrium s.t. —T < (* <0 < r* <7zP:

a. party L’s win probability is P* = Q}f—%;
b. i if Ine > 0, then candidates are (* = %_;B(l . 25'05)(%0 - f(«%nc) ' Q%ﬁ‘gg)) and
= (1- 25pgz)<$nc + f(xnc) 213?52))"
i if Ipe < 0, then candidates are (* = (1 — 2(5'05)(%0 - f(il?nc) ' 2%325?)) and
= 5230 200m) (e + k- g )
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PROOF. Fix 8 € [0, pe). Suppose -7 < £* < 0 < r* < 77 is an equilibrium. The FOCs are:

v xS op
0= f(Lg*,r*) 'Ag(g ) zze**F(bf*,r*) f‘z o+

aﬁ 8
_ (0 8 v £ Opr
O = f(Lé*,T'*) ° AR(E*’ r*> * ar T:T* - <1 - F(Lé*,T*)) * 87" ‘7”:7"*
We h 4 peB 1 Th t
€ nave T‘ﬁ = [L an T}TZ’F Do ,u+ ere are two cases.

ot
i) - e 7 T _ _Pe 1 )
Case (i): If r* € (—ﬁ - 0*,7%), then W‘ézﬁ* = B AT6pg) and —-

1 . L e 8 _ 1-26p
NTopm)" Combining the FOCs, substituting and simplifying yields F(Lé* *) SPETL

30 L?*,r* = Ipc. Moreover, the FOCs imply r* = ppeﬂ% ggﬂﬂ%g*

+(1- 25pr)f( e Finally,

1 . Qe
3 0p5) (r* + ﬂﬁﬁ*) yields ¢* and 7* for Zp. > 0.

Case (ii): It r* € (O,fpe%-ﬁ ),

combining with Z,. =

a2
— 1 and é*,?" — p(375 1
3Topm) BT r=r = oo 3(T0pm)°

Combining the FOCs, substituting and sunphfymg yields F (Lf* r*) = 2%3—252), SO L?* = Ine.

- 1-24p 1 . .. .
Moreover, the FOCs imply r* ELﬁ (1 5 5;%* (1- 2(5pgg)m>. Finally, combining with

Ine = 2(17%%) (p;f * 4+ 0%) yields £* and r* for @, < 0. O

C.3.2 Party-Dependent Extremist Proposal Rights.

Fix pe, ppyr, and let total extremist rights be pp = p. + pp + ¢. Suppose if ¢ wins, we have
pe = py + ¢ and pg = pg, while if r wins, we have pg = p,. and pg = pg, + ¢. Thus, ¢
captures how much extremists’ proposal rights depends on the winner’s party. We maintain
Assumptions 1 and 2a, along with ¢ € [0, 55 Pr Py~ pe). Note that given an officeholder

e and proposal rights p, equilibrium policymaking is unchanged.

Voter Calculus. The key difference is a shift in the weights of the policy lottery. In a slight
abuse of notation, let u;-b(e) = peui(ze(e)) + (p, + ¢ - He = })(u;i(-7(e))) + pgy (i (T (e)) +
¢-We=10})+pu(u;(0)), and define AP(l, r; i) = U?(ﬁ) fuf( ). It can be easily verified (see
Proof of Lemma 4) the indifferent voter satisfies L?T € (-z(r),z(¢)). Solving for L?r yields:

4 Pe ! btr 5 (é 1{¢ >0 ))
= : - : +7r-H{r<o .
L[’r pe+¢ 16pE< 2 pE { } r {7" }

* g, where ¢y . is the baseline indifferent voter. Since pp - 5 < 1, the
e

¢ pe
Note by = et

indifferent voter is less responsive to candidate positions, as voters’ preferences over candidates
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are now partially also affected by their relative preference over extremists.
Party Calculus. Let 1l = p, - e + (pg —pp—¢(H{e=1}-He=r})) T(e). Then,

8#?: pe ) (-20pp) if0<0 ouf _ pe  J(1-20(py+9)) ifr<0
ol 1-0pg (1-25(p, + 0)) ifﬁzO’ or 1-dpg (1-20p,) it r > 0.

Lastly, let A% (€%, %) = UG (€%) ~ UG (¢%).

Proposition A.12. In any equilibrium such that -T < {* <0 < r* < T:
1725£L

2(1-0(pg+pg))’

| o 8 Y 1725BL
b. the indifferent voter is Lo px = Tne = F (W ’

. . . % gk petd  (1-6pp) ( _ a0 1 ,(125pﬁ)'(125p92))
c. candidate divergence is r*—{* = b T0(p,+hg) 25(3:]2 /_)L) Tpe+ T8 T olpgtey)

a. party L’s win probability is P* =

6 (1-0)c 1-20p .
pe T-0(p,+py) 125% and

. « _ peto (1-0pp)-(1-20p5) /¢ 4 1-20p,; ¢ __ (0

d. candidates are {* = e T-3(p, +g) ( ne Qf(i'rdz)c) 1 5(%4_%)) +o 2(1-6(p,+pg))
1- 25p and 1+ — _ petd (lfdpE)-(lf253L) <v¢ 1 ) 1- 258 )_ﬁ ) L )

Pe 1-0(p,+pg) " 9 r(@l,) 1-0(pstog) pe  2(1-6(p,+pg))

1- 25/)
1- 25B
1- 25p

PROOF. Fix ¢ € [0, % —Pp Py~ pe). Suppose T < {* < 0 < r* < T. The FOCs are:

4 ou®
_ (0 ¢ br* ¢ IHy
0= f(Lg*’r*) 'AR(K*’ T*) : W (=% F(Lé*,r*) : ‘g %
0.0 ¢
_ (8 ¢ ey 6 Opr
0= f(LE*,r*) 'AR(E*’ ) or |r=r* <17 F(LE*,T*)> " or }r:r*
8L?r 6L?T Pe 3u¢ pe-(1-26p.,) 4
Moreover, we have 96 = 0 = peid (T 5PE) and Te Ve = T,OER and W'rzr* —
pe(l 20p;) Combining FOCs yields F(L¢ )= & 500/ =F1 (&> =
ops & Y ) T 2T 6 +pg)) 2Ol T 2(1-0(p,tpg)) ) —
j:ffc. From the FOCs, we have:
1-26 1-26 1 1-
*:—&R.g*+pe+¢. Py 2(1-bpp) - fiﬂ
1-26p, pe  2(1-0(p, +pg)) f(ﬁfc) pe 1-20pg
Combining with iﬁfc = pepj_(ﬁ . 1*§PE . g*_gr* yields ¢* and r*. ]
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Example: Divergence with Balanced Extremists. Suppose the voter distribution

F' has median m = 0 and extremists have equal fixed proposal power, p o = Py Then
e : : O 101y gk _ Petd (1-0pg) ¢ (1-6)c

Proposition A.12 implies ip. = (5) =0, and r* — {* = o 7(0) e To00pd)"

Taking comparative static w.r.t. ¢ (holding fixed pg) yields:

O[r* — 0*] 1 (1-9)c N 1 (1-6pg) ¢ d(1-d)c
¢ pe 1-0lpg=9)  pe f(0) pe (1=0(pp—9))?

election stakes channel (—)  voter channel (+)  extremist stronger if winning channel (+)

Increasing variable proposal rights ¢ incentivizes convergence by raising the stakes of the
election, but incentivizes divergence as voters are less sensitive to candidates and both parties,
conditional on winning, want to constrain extremists less due to their aligned extremist

holding more proposal power. The overall effect of increasing ¢ may be positive or negative.

D Equilibrium Uniqueness

We address equilibrium uniqueness by characterizing equilibrium conditions in cases and show
that the ordering of indifferent voters precludes multiplicity. An equilibrium is (i) interior
if T <l <r<z, (ii) left extremist if ¢ = —T, or (iii) right extremist if r = Z. An interior
equilibrium is differentiable if £* # 0 # r*.

<0.

Define the quantiles z,. = Fl (ﬁﬂ» ipe = F 1 (;Lépﬁ)» and 7; . = Fl <2(+)

=) 1-0pp)

Remark 4. Assumption 2 implies Zpe < Zpe < 17 .

(1-0pp

Differentiable Interior Equilibria Propositions 2 and 3 characterize no-crossover and

left-crossover equilibria. We now characterize right-crossover equilibria in Proposition A.13.

Proposition A.13. If 0 < (* < r* < T is an equilibrium:

. r . . . x _ 1-20pp
a. party L’s win probability is P* = 201 0pp)’

b. the indifferent voter is &y, = Fl (iﬁ—%) ,
1
(Gre)” 126
. * s 1 1 * _ s 1 L 1-20pE
d. candidates are {* = Zpc ) Topm T = I T TG0 Topg -

c. candidate divergence is r* —{* = and

~

PROOF. Analogous to the proof of Proposition 3. O

Non-Differentiable Interior Equilibria

Claim A.3. If -7 < * < r* =0 is an equilibrium:
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[ 1-25p, 1 }
2(1-6pp)’ 2(1-0pg) L’
b. the indifferent voter is ¢px g € [anc, 7y .|, and

a. party L’s win probability is P* €

: : * 1 1-24pg * _

c. candidates are (* € [ ) f(im)} and 7 0.

PROOF. Suppose —T < (* < r* = 0 is an equilibrium. For L, we must have 0 =
oV (£,0) *
—Lrlé oo = Flur0) - the - AR, 1) = F(peg) - 1l = Flueep) + feesp) - m,

D . F(ipx o) OVp (0¥,
which implies £* = -2(1-0pp) - ﬁ For R, we must have lim,_,q+ %h ~ <0<
limj_y(- %“:?. The first inequality is equivalent to 0 > — f (¢ o) -the- A (€%, r*)+ (17
. / . . 3 o . . 9 . . . . 1726PL

F(Lg*)o)) .y . Substituting L’s condition into R’s and simplifying yields F(Lg*ﬂ) > SIETE

Similarly, R’s second inequality is equivalent to 0 < — f (Lg*70) AL AR(0F, )+ (1—F (Lg*,0)> -l
Substituting L’s condition into R’s and simplifying yields F(Lg*p) < m. Together,

1-26pg, 1
2(1-6pp)’ 2(1-0pp
concavity of f implies that ? is strictly increasing, so the characterization of ¢* yields

these inequalities imply F'(up+ () € [ )}, 80 Lpr g € [Tne, Ty ). Next, log-

TANS { 2(1-dpg) P (@nc) -2(1-0ppg) (@ C)] and then using the two inequalities for R yields

£ (#ne)” 7 (ac)
* o 1 1-26p
& e { e f(l’mj -

Claim A.4. If 0 = (* < r* < T is an equilibrium:

|: 1*25pE 1*25pL }
2(1-6pp)’ 2(1-0pg) L’
b. the indifferent voter is 1oy« € [Zre, Znc), and

1-20pg 1 ]
f(@ne)” f(@re)d”

PROOF. Analogous to Claim A.3. O

a. party L’s win probability is P* €

c. candidates are ¢* = (0 and r* € [

Extremist Equilibria

Claim A.5 (Right Extremist & Crossover). If 0 < £* < r* = 7 is an equilibrium:

) R . e . * 1-20pp
a. party L’s win probability is P* < 51 opg)’

b. the indifferent voter is ¢y« 7 < Zrc, and

. candidates are /* > 7 -1 and r* = 7.
f($7’6)

PROOF. For L, we must have 0 = LV%@ . = flupe5) te- AR(C*,T)~ F(1px ) -/, . For
e 9
R, we must have 0 < lim;_,z %@ = (1 — F(Lg*3)> gl = o) - e - AR(LF,T).
r=rt

Substituting L’s condition into R’s and simplifying yields F'(¢p« ) < 21(1%—2219) Thus, tp+ 7 <

Fﬁl(%gﬁg)) = Zre. Finally, we characterize * by substituting Ap(¢*,7) = p/, - (T — %)
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. , . e . . « = 200pp) Flrz) o — 1
into L’s condition and simplifying, which yields (¥ = 7 - 5= 505 Tligrs) > 7 )

Fipx = T
where the inequality holds because (i) log-concavity of f implies fézj* f)) < I;Ei,”c)) and (ii)
. 1-26 "
F(l'rc) = 2(1*—(525) O

Claim A.6 (Left Extremist & Crossover). If -7 = ¢* < r* < 0 is an equilibrium:
a. party L’s win probability is P* > m,
b. the indifferent voter is ¢ 7« > ¥; ., and

1
f(i"l c) '

PROOF. Analogous to Claim A.5 O

c. candidates are ¢* = -7 and r* < -7 +

Claim A.7 (Right Extremist & No Crossover). If -7 < ¢* <0 < r* =T is an equilibrium:
a. party L’s win probability is P* < 2}1?—%,
b. the indifferent voter is ¢y« 7 < In, and

c. candidates are £* > (1— 25pL)<

T - 1 ¥ _ =
T%5m f(i:m)> and r T.

PROOF. There are two cases. Case (i): ¢* = 0. We must have lim; 9V (L7)
{—0 ol =/

— . dVg(0,
floz) - e  Agp(0,7) — F(uwz) - p' >0 and limj_ 7 % e T <1 - F(LO,T)> . ,u’+ -

[(t07) - the - Ap(0,7) > 0. Hence Flig7) i < f(107) - the - A(0.7) < (1- Fluoz)) - 1y,

/
S . 1-29 <
which implies F'(17) < /L’:LTJF;L’, Thus, P* < 2(17652) and 19z < Tne.
Case (ii): -7 < £* < 0. For L, we must have 0 = AAG) re(70) = flopeg) Uy -
e(-z, ’

OVR(L,r)
SR

r

AR(l*,T) ~ F(yp+ z) - p_. For R, we must have 0 < lim;_,z = (1 — F(Lg*j)> .
r=r

,u’+ — flepez) - the - Ap(£*, 7). Substituting L’s condition into R’s and simplifying yields

B 1725PL —1 1*25;)[; . . * .
F(L€*7l,) < T op)" Thus, tpx px < F <—2(1*5PE) = Inc. To characterize £*, we substitute
1*25p5_

Agp(l*,z) = ,u’+ -7 —p' - /* into L’s condition and simplify. This yields ¢* = T20p5 7

2(1 - 5pE)M > (1- 25/)13)(172%[)32 - f(l )>, where the inequality holds because (i)

(borz) = Tne
: oo Flyrz)  Fline) . . 1-25p,
log-concavity of f implies o) < Fone) and (ii) F(Zpe) = T opg): O
Claim A.8 (Left Extremist & No Crossover). If -7 = * <0 < r* < T is an equilibrium:
a. party L’s win probability is P* > 2}325 f; L

b. the indifferent voter is ¢ z .« > Zpc, and

c. candidates are (* = -7 and r* < (1f2(5p5)(— 172%% + f(l )

Ine )

PROOF. Analogous to Claim A.7. O

Lemma A.5. There is at most one interior equilibrium.
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PROOF. There are five possible types of interior equilibrium: (i) —Z < ¢] < r{ < 0, (ii)
T <ly<ry=0,(i) T<<0<ry <T,(iv)j =0<r] <T,and (v) 0 < lf <15 <T.
By Propositions 2, 3 and A.13 and Claims A.3 and A .4, if multiple interior equilibria exist,

the indifferent voters must be ordered as follows:

Tre = tgr pr < g r < Ine = tgx px < gy S Bpe = g (A.27)

273

For a contradiction, we show equilibrium conditions also imply ¢px .x < tpx o < 1px 2 <
11 2:72 373

Lok < Lgt In particular, we show Ler e <ty < Lexrd the remaining inequalities

follow from symmetric arguments.

First, we show tpx .« < ¢p5 px. Lemma 4 implies vps 5 — pr px = ST0p%) (0507 (1
20pp)r{). Substituting for ¢] and r{ using Proposition 3 and simplifying yields Les ey
1

B 1 - . . . .
Wirt = 3opg) (45 flxlc : 2(11 dpg)). Finally, Claim A.3 implies /5 > Ty SO

— iy —_ . = — * 1
s Mt 2 e Tl HTapy) — 1 7 0 a9 desired:

Second, we show vps s < gz x. Lemma 4 implies ps s — s v = m (05 41y — 05).

Substituting for /5 and 73 using Proposition 2 and simplifying yields Lg vy~ Les g = Tne

s . . e 1-20pg B y 1 1-26p;
Topp) Finally, Claim A.3 implies £5 < Fne) 50 tes,rs ey rs > Ipe+ T AT oa] =
% -3 >0, as desired. ]

Lemma A.6. There is at most one extremist equilibrium.

PROOF. Lemma 5 implies that if 7* = 7, then L has a unique best response (* € [-7,T).
Thus, there is at most one equilibrium such that »* = Z. Analogously, there is at most one
equilibrium such that ¢* = —7. Lastly, we show left and right extremist equilibria cannot
coexist. Suppose for sake of contradiction a right extremist equilibrium, -7 < ] < r{ =7,
and a left extremist equilibrium, -7 = (5 < r5° < T, coexist. We have Lpt g > Lgg gy B8 Ly p 1S
strictly increasing in ¢ and r (by Lemma 4) and ] > -7 = (5 and r{ = T > ;. However,
Claim A.5 and A.7 imply Let ry < e and Claim A.6 and A.8 imply Lgs s 2 Ine. Hence we

must have Lot s S L g @ contradiction. O
Lemma A.7. Any equilibrium must be unique.

PROOF. From Lemma A.5 and A.6, there exists at most one extremist and one interior equi-
librium. We show a right-extremist equilibrium cannot coexist with any interior equilibrium.

A similar argument shows the analogous result for any left-extremist equilibrium.

Case (i): Suppose 0 < /] < r{ = 7 is an equilibrium and for sake of contradiction,

suppose ~7 < {5 < r5 < T is as well. There are three subcases.
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Subcase (a): 0 < £5 < r5 < T. Proposition A.13 and Claim A.5 imply vtz < Fre = Lgg

.. . . o 7(1725pE)ﬁ1(+f < T4i 1 . 1-20pp
Additionally, Lemma 4 implies Loy U = Tre g,y S T+ Tpe+ f( 3 2opm) —

ry —T < 0, where the inequality follows from Claim A.5. Thus, ¢px ry < Lt 2 contradiction.
2 2, 7,
Subcase (b): T < ¢5 < 0 < ry < 7. By Propositions 2 and A.13 and Claim A.4, we

*

lytry ) T
< <
2(1-6pg) — 2(1-0pp) ~ 2(1-0pp)

have 1px 7 < Ipe < g5 px. But Lemma 4 implies s .« =

(1-26pp)ti+z Lo
2 opp) Uim @ contradiction.

Subcase (c¢): T < {5 < r5 < 0. By Propositions 3 and A.13 and Claim A.3, we have

U54+(1-26pp)rs <0< (1-26pp)ti+T

verz < Fre < g px. But Lemma 4 implies ¢ps .« = 2(1-0p5) 20-0pp) U

a contradiction.

Case (ii): Suppose -7 < /] < 0 < r{ =7 is an equilibrium and for sake of contradiction,

suppose —7 < {5 < 15 < T is as well. There are four subcases.

F(L * 5)
Subcase (a): 0 < 5 < r5 < 7. Then L’s FOCs in each equilibrium imply % =
*z
Une = F(Lz?rék) e * ok : * 1-24py
ya AgR(47,7) and f(%; -y = AR(€3,75). Using £ < 0 and 155 . > 1-20pg and
- - ! — ! - 1-2 —
T > ry — {5, we have: L—,f “AR(0],7T) > LMLLC -Ag(0,7) = L/% T = 2(1715”;) . 1723%2 T >
F(L * 7) F(L * *)
1-20pp  —  1-20pp * v, % az 65m3
Nops) %~ 3(Topp) (ry —£5) > M+AR( 5,75 ). Thus, we have Fligt 2 > Flizs r3) and
1- F(L * )
therefore log-concavity of f yields Lk E > L, . Similarly, R’s FOCs imply Tj) >
17
L{nc w — 1*F(L£* *) ['/nc % " . % _ * *
Al AgR(¢],7) and W = AR5, ry). Using /7 < 0 and 7 > ry — {5, we have
tne A ( \T) > nc -Ap(0,7) > /n - Ap(6%,1%). Th h 17F(L£>1k’f) > 17F(LZ§”’5)
i AR W AR T Rr(€5,r5). Thus, we have Tligt 2 Tlizg ) , SO
log-concavity of f yields Ltz < Leg gy A contradiction.
_ , . F(Lﬁ*,f) L, _
Subcase (b): ¢35 = 0 < r; < 7. Then L’s FOCs imply Wi{f) = Ag(0],7) >
e Ag(0, 1) > 075) g 1 ity of f yield Similarly, R's FOC
i r(0,75) > W. us, log-concavity of f yields Lpr g > o,y Similarly, R’s S
imply A7 5 e AP 7) > e AR(0, 1) = o0 T, 1 ity of f
mply f(LZ’{,E) = “/+ R\E1,T /i'+ R\U,;T9) = f(LO,rék) . us, log-concavity o

yields L < Loy @ contradiction.

Subcase (c): —T < 5 <0 <1y <. Proposition 2 and Claim A.5 imply tps 7 < ne =
tgs .y - But Lemma 4 and substituting for (5 and 13 yields Les g~ LT = Tne — %
. T 1 1-20pg 1 * = F ot
Tne = T25pm T Tline) 20 ope) — 1725[)3%(1”2 T) < 0, a contradiction.
Subcase (d): -7 < 5 < r; < 0 < 7. By Proposition 3 and Claims A.3 and A.5, we
05+(1-26pgp)rs < 05
2(1-0pg) = 2(1-0pp

have Les,rs 2 Tne 2 Lt 3 But Lemma 4 implies Ls s = j < 0<
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T+0]
2(1- 5PE)

Case (iii): Suppose /] = 0 and r{" = T is an equilibrium and for sake of contradiction,

= gt 55 2 contradiction.
)

suppose 7 < {5 < 1y < T is as well.

Subcase (a): 0 < £5 < r5 < T. Then L's FOCs imply F(Lo’f) > C Ag(0,7), and
f(LO,a:) ,u+
F(Le* ,rék)

/
= S+ Ap(l5,r5). Since AR(0,7) > Ag(¢5,15), log-concavity of f implies 197 >

f(Lf* *) /,[,/
F(wz) < the — VPG rg) %
Les vy Similarly, R’s FOCs imply ﬁ > T Ap(0,7) and W = e Ag(l,13).
+ 5T +

But then A(0,7) > Ag(£5, ry) and log-concavity of f imply ¢z < Ly g 8 contradiction.

Subcase (b): 0 = {5 < ry <7. Lemma 5 directly implies a contradlctlon.

Subcase (c): ~T < £5 <0 < ry < T. Proposition 2 and Claim A.7 imply tg 7 < Tpe = L -
However, since (] = 0 > (5 and r{ =T > rJ, and ¢/, is strictly increasing in £ and r by
Lemma 4, we have 1y 7 > Lgg gy @ contradiction.

Subcase (d): -7 < {3 < r2 < 0 < 7. By Proposition 3 and Claims A.3 and A.7, we
have tps s > Ine > oz As in case (iii) subcase (c), £7 = 0 > (5 and r{ =T > r5, imply

T > Ly & contradiction. [

E Weak Veto Player

Suppose Assumptions 1 and 2 hold, but 2a does not. Substantively, this captures an election
for a major office (pe high), or into a policymaking system where the main veto player is
unlikely to propose (pys low). We focus on the case when r > |¢|. First, we show if r is

sufficiently more extreme than /, the indifferent voter may not be a centrist, as ¢y, > 7(().

Lemma A.8. If |{| < r < T, then the indifferent voter is

= (7“ +0(1-28(pge - L > 0} + pg - 1{L < 0}))) + L8 LD Gp e (7(0),7),

Ly otherwise,

where 7(£) = 2(1—0)c— (1 + 28pe) - £ - € < 0} = (1-26(pg + pe)) - £ - 1{€ > 0O}.

PROOF. Parts 1 and 2 in the proof of Lemma 4 establish that Assumptions 1 and 2 imply
existence of a unique indifferent voter v/’ satisfying Al T, L“’”) = 0. If A(¢, T‘T(ﬁ)) <0,
then /) € (-Z(r),z(()), in which case Part 3 in the proof of Lemma 4 shows Lg » =ty We

have A(¢, 7;7(¢)) < 0 whenever p, (7’ + (- 2(1 5/)); 2?322) + PE (%rp;ﬁ)) > 0, which

is equivalent to r < 7({).
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If r > 7(¢), then we have Lg € (Z(¢),r). Hence, ¢;7 must solve A(,r5i) = pg(T(r) -
T(0)) + pg(z(r) +T(0) — 20) + pe(€ + r—2i) = 0. Substituting for Z(r) and Z(¢), then solving

. . 1 6)c
for 4 yields ngg = p_eiFLpgz' 1*§PE <T+€ opg - HE>0}—0pg-L-H{L < 0}> +5 Ffpgzg 5p)E' 0

Consequently, shifting ¢ more extreme has opposing effects on the indifferent voter: R’s
proposal Z(£) (conditional on ¢ winning) shifts closer to ¢y ., while £’s proposal shifts away.

In contrast, marginal changes to r have the same impact as the baseline.

Proposition A.14. Suppose Assumption 1 and 2 hold, but Assumption 2a does not.

a. In any equilibrium such that -7 < —r* < £* < 0 < r* < min{7(¢*), T}, party L’s win
probability, candidate divergence, and equilibrium candidates are as in Proposition 2.

b. In any equilibrium such that —T < 0 < £* < r* <T(L*), party L’s win probability, candidate

divergence, and equilibrium candidates are as in Proposition A.135.
PROOF. Since Ll* « = Lgx o+, Propositions 2 and A.13 yield the result. O

Proposition A.15. In any equilibrium s.t. -T < {* <0 <zT(l*) <T7((*) < r* <7:
a. party L’s win probability is P* = L%
_ swv _ 1 _1-26pg
b. the indifferent voter is Ll* s =000 =F <2(15§f)> | . 5
_ - - ok px _ Petpr  1-0pp (2 PL—PR [vwv_ pr_ (- C} 1-0pg
. candidate divergence is r* —{* = e Tope \ 12005 | " petem T0pp | T Toope
1-2p, 1
Toes " 7)) and

, - x _ petpr  1-0pg 1-20pg (vwv 11 pp (1*5)C>
d. candidates are (* = e Top: T 2opx \&r 3(10pz)  FG) et 1opm and
x _ petpr  1-0pp (vwv L1200 1 pr (1*5)C>

pe  T-opg 2(1-0pg)  f(z)  petpr 1-0pp )

PROOF. Suppose T < {* <0< T({*) <T(¢*) < r* < T is an equilibrium. The FOCs are:

r

EN/LET

0= e = F¥ ) - AR ™) = F (% 1) - 4l and (A.28)
oVp(l*,r
0= %‘rr* - f(b}ﬂ*v,r*) ' L;" | AR(E*’ T’*) N (1 N F(L}U*Z},r*)> ’ 'u’+7 (A.29)
I pe 1-260p I Pe 1 _ 1-24p o 1-25p
where v, = S50 - 2(1*(5/)?)’ br = petpr " 2(-opg)’ M+ T Pe 175E'C and - = pe 175;2'

pivy _ 1-20pg
plevgpleg 2(1-0pg)

7 Moreover, Lgffjr* = F’l(

Substituting into

1-20pg > — jwv

1-29 etpr 1-0
(A.28), we get r* = ;508 ¢ 4 Lo PR SOE 2(1-0pc) "

T 1-20p, pe 1-0pg f

(
Combining (A.28) and (A.29) yields F( )
1
(z

which implies

Pe 1 * * pr (1-=08)c 4y
: r* 4 (1-20pg) - £7) + =
pe + PR 2(1*5/)15)( ( %)) pet+prl-dpp "
Combining yields ¢* and r*. O
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Proposition A.16. In any equilibrium s.t. =T <0 < {* <T(*) <7((*) < r* < 7:

a. party L’s win probability is P* = 3T 0pc)’
b. the indifferent voter is v’ . = B = Pl <21(ﬁggﬁ)>’

* _ Petpr  1-0pp 1
= e Tope Ty
1 PR (1*5)0> and 7% — LetPR |

c. candidate divergence is r*—{

_ PetpR 1*5PE<vwv

: * __1 .
d. candidates are £ T 3T o) TEE)  petpx 1-0pp

Pe 1-0p, Pe
1*50E‘(vwv L 120 1 pw (1*5)0)
I-0pg \"7 2(1-0pg) f(&2Y)  petpr 1-0pp )°

PROOF. Suppose T < 0 < {* <T(¢*) < T(L*) < r* < T is an equilibrium. The FOCs are:

ovp(e, r*
0= %uzﬂ* = f(Lgffjr*) s AR(CF, ) - F(L%jr*) -pl, and (A.30)
OVR(*,r)
0= 5 |T:r* = f(Lé‘fjr*) AR, ) - <1 — F(Lé‘ff”r*)> . uﬁr, (A.31)
I _ _ Pe 1-26p I _ _ e 1 1o, 1-20p L
where 1) = L 2(17@?), by = et ' Top) and p, = peﬂE—ﬁ. Combining (A.30)
by _ 1-26pg

Substituting into (A.30), we get r* =

and (A.31) yields F(iix) = 725 = g 3,0y

* 1 1 px Petpr 1-0pg 1 wy 71< 1-20p, )
r* + TR @) 0+ e T ops T Moreover, Lpe px = F ST9p0)

7", implying

Pe 1
pe+pr 2(1-6pg)

PR (176)0 _ Guv

r* 4+ (1-20pg) - 0¥) + =
O 2000 ) e 1 6op "

Combining yields ¢* and r*. ]
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